(]

womvermuin . PANG Ki KHOA HQC LIVESTREAM — CHINH PHUC PIEM 8, 9, 10 MON TOAN!

- TAI LIEU THUQC KHOA HQC
I HT “LIVE VIP 9+ TOAN ”

e DPANG KY HQC EM INBOX THAY TU
HO THUC THUAN VAN NHE!

DE KIEM TRA KET THUC CHUONG VECTO
( Chuan cau truc SGK form maoi- Dé so 04)

PHAN I. Cau tric nghiém nhiéu phwong 4n lya chon. M3i ciu héi thi sinh chi chon mdt phwong an.
Cau 1:  Trong khong gian Oxyz , cho hai véc-to 1a @ = (2;1;—1) va v =(1;3;1). Toa d6 cua véc-to i + 2V tuong
ung la
A. (3;4,0). B. (1;-2;-2). C. (47:1). D. (5;5-1).
Loi gidi
x=2+2-1 x=4

Goi toa d9 cua véc-to (i +2v) 1a (x;3;2). Khidd {y=1+2-3 <1y=7
z=-1+2-1 z=1.

Vay toa do ciia véc-to 4 +2v 1a (4;7;1).

Cau2: Trong khong gian Oxyz, cho diém A4 thoa min 0A=2i + J,v6i i, lahai véc-to don vi trén hai truc
toa dd Ox,Oy . Toa d0 diém 4 la
A. 4(2;1,0). B. 4(0;2;1). C. 4(0;1;1). D. A(L;1;1).
Loi giai
Taco O4=2i + ] = 4(2;1;0).

Ciu 3: Trong khong gian Oxyz, cho diém (2;3;—4) . Khoang cach tir 7 dén truc Ox bang
A.2. B. 5. C. J13. D. 24/5.

Loi gidi
Taco d(1,0x)=+/3"+(-4)’ =5.

Cau4: Trong khong gian Oxyz, cho hai véc-to i =(1;0;—1),¥ = (2;1;-2). Tich v6 huéng ii - v bing
A. 0. B. 1. C.4. D.2.
Loi gidi
Taco i =12+0.1+(-1)(-2)=4.

Ciu 5: Trong khong gian Oxyz, cho diém A(2;-1;0) va diém B(3;1;1). Toa do diém dbi xtng voi 4 qua B
A. (1;-2;-4). B. (0;3;-1). C. (432). D. (0;-1;3).
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Goi A' 1a diém ddi ximg v6i 4 qua B.
X, =2x,—x,=4

Khi d6 B la trung diém ctia 44, tacod {y, =2y, —y,=3.Vay 4'(4;3;2).

zpy=2z,—z,=2.

Cau 6:  Trong khong gian Oxyz, cho tam giac ABC v6i A(1;2;1),B(-3;0;3),C(2;4;-1). Tim toa do diém D
sao cho tr gidc ABCD 1a hinh binh hanh.
A. D(6;-6;3). B. D(66;3). C. D(6;,-6;-3). D. D(6;6;-3).
Loi giai
Goi D(x;);z). Taco AB=(-4-2;2) va DC =(2-x;4—y;—1-z).

—4=2-x x=6
Ta gidc ABCD 1a hinh binh hanh < AB=DC < {-2=4—-y<{y=6
2=—-1-z z=-3.

Vay D(6;6;-3).

Ciu7: Cho tam gidc ABC biét A(2;-1;3) vatrong tdm cua tam gidc c6 toa dg 1a G(2;1;0). Khi do AB + AC
cotoadd la
A. (0;-9;9). B. (0;69). C. (0;9;-9). D. (0;6;-9).
Loi gidi
Taco AG =(0;2;-3).
Goi M 1a trung diém ctia BC. Khi d6 ZE+ZE=2A—M=2%Z§=3Z§=(O;6;—9).

Ciu 8: Trong khong gian Oxyz, cho cac diém A(2;-1;6),B(-3;-1;-4),(5-1;0). Khang dinh nao sau day

dang?
A. AABC can. B. AABC c6 3 gbc nhon.
C. AABC vubng. D. AABC déu.

Loi giai
AB=(-50,-10) [4B=~25+0+100 =55

Taco 1 AC =(3;0,-6) =14C=/9+0+36=35
BC =(8;0;4) BC=+64+0+16 =45

Suyra AB*> = AC* + BC* nén AABC vuong tai C.

Ciu 9: Trong khong gian véi hé toa dd Oxyz cho 3 diém M (2;3;-1),N(=LL1),P(1;m—1;2). Vi gia tri nao
cua m thitam gidc MNP vudng tai N ?
A.m=2. B. m=3. C.m=1. D.m=0.
Loi giai
Tam gidc MNP vuong tai N khi va chi khi:
NM.NP=0(32-2)(2m-21)=02m=0m=0
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Cau 10: Trong khong gian Oxyz, cho badiém A(-1;-2;3),B(0;3;1),C(4;2;2). Cosin cua gbc BAC bing

9 9 9 9
A ——. B. ——. C. ——. D. —.
&S N 25 Neg
Loi giai
Tacé 4B =(1;5;-2),4C =(5;4;-1).
o [aBad
Khi d6: cosBAC =‘cos(AB,AC)‘ = ‘ZE| |X€‘ = 2\/5 )

Céau 11: Trong khong gian Oxyz, cho badiém A(1;2;-1),B(2;-1;3),C(—4;7;5). Toa dd chan dudng phan gidc
trong goc B cua tam gidc ABC la

A. (-2111). B. [—%;%;1). C. [%,%,éj D. (%;—2;1)

Loi giai
Tacd AB=+26,BC =~/104 .
DA BA 1
Goi D la chan duong phan giac trong g6c B suyra —=——=—.
C gp g gg y DC_ BC 2
Mait khac: D thudc doan AC = AD :%ZE

Gia st D(x;y;2) = AD =(x-Ly-2z+ 1),Ev =(-5;5;6) suy ra

5 2
x—1=—— X=——=

3 3

5 11 2 11
2=2 =ly=2 = pl-2
FTET TV ( 373 ]
z+1=2 z=1

Céu 12: Trong khong gian voi hé truc toa d6 Oxyz cho ba diém M (2;3;-1),N(-LL1) va P(I;m—1;2). Tim

m dé tam giac MNP vudng tai N .

A.m=0 B.m=2. C.m=-6 D. m=-2.

Loi giai

NM =(3;2;-2), NP =(2;m - 2;1).

Tam gidc MNP vudng tai N khi NM.NP=0<6+2(m—2)-2=0<m=0.
PHAN II. Céu tric nghiém diing sai. Trong mdi y a), b), ¢), d) & mdi ciu, thi sinh chon diing hoic sai.
Cau 1: Trong khong gian Oxyz, cho a=2i — ],5 =3 —4k,c=i + 57— Tk .

a) a=(2;-1;0).

b) a+¢=(3;47).
¢) 3b =(9;3;-12).
d) Néu ii = (m;n; p) sao cho i —d =3b+¢ thi n” —m—p=-15.
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Loi giai
a) Dung: Ta c6 @ =(2;-1;0),b =(3;0;-4),¢ =(1;5;-7).

b) Sai: a+¢ =(3;4;,-7)

¢) Sai: 3b =(9;0;-12)
m-2=10  [(m=12

d) Sai: Goi i = (m;m; p) thi ii—G=3b+c=n+1=5 ={in=4 =i=(12;4-19)
p—-0=-19 p=-19

Khi d6 n* —m—p=23.

Cau2: Trong khong gian Oxyz, cho tam gide ABC c6 A(2,-2,1),B(-4,2,4),C(-4,0,1). Céc khing dinh
dudi day, khang dinh nao dtng, khang dinh nao sai?

a) M(—l,o,gj 1a trung diém cua BC.

b) G(-2,0,2) la trong tam tam gidc ABC.

c) N(8-6;-2) la diém ddi xtmg ctia B qua 4.

d) Toa d¢ diém E(-14;8;11) thoa B la trong tm tam gidc AOE .

Loi giai
a) Sai: Do toa d¢ trung diém M cua doan thfmg AB la

—4+(-4
M( ( );2+0;4;1J hayM(—4;l;%]

2 2

b) Bung: Do toa d) trong tdim G cua tam giac ABC 1a

G(2+(—43)+(—4);—2+32+0;1+431+1J hay G(~20;2)

¢) Ping: N 1a diém d6i xtmg ciia B qua 4 thi B 1a trung diém AN .

__XQ +'XN
2 = 2x, - -8
Xy = aXp — Xy Ay =
_ Y4 +ﬂyN =2 _ =—6 ]:—6:—2
yB_T<:’> IN=2Vg = Vs VI = 3N(7 ’ )
Z,+72, Zy=2z,-z, zy=-2
Zp =
2
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d) bang: B 1a trong tdm tam gidc AOE .

X, +x,+x;,
Xy =—"F———
3 X, =3x,—Xx,—X, x, =—14
YatVoty
yB:%Q Ve=2Vy—Yi=Yo <y =8 = E(-148]11)
z,=3z,—2z,—Z z; =11
ZB:ZA+Z3O+ZE E o4 o £

Cau3: Trong khong gian Oxyz, cho vécto OA =(2;-1;5) va diém B(5;-5;7).
a) Toa d6 ctia diém A4 1a (2;-1;5).

b) Goi C(a;b;c) thoa man A4BC nhan G(1;1;1) lam trong tAm. Khi d6 a+b+c=—4.
c¢)Néu 4,B,M (x;y;1) thang hang thi tong x+ y =3.
d) Cho N e(Oxy) dé AABN vudng can tai A. Tong hoanh d va tung do clia diém N béng 3.

Loi gidi
a) Plng: Ta co toa d6 ciia diém A4 1a (2;-1;5).

1:2+5+xc
1 35 Yo =4
b) Ding: G la trong tim 2 4BC < lz%c ye=9 = C(-49-9).
5T 4z Ze=9
3
Suyraa+b+c=-4.
c) Dung: Tacd AB=(3;-4;2),AM =(x~2;y +1;-4).
x-2=k-3 x=—4
Ba diém 4,B,M thing hang khi va chikhi AM =kAB <<y +1=k(-4)=1y=7

Suyra x+y=3.
d) Sai. Tacd N e(Oxy)= N(x;y;0) suy ra W:(x—2;y+l;—5),ﬁ:(3;—4;2).

AN 1 4B (1)

Ta c6 AABN vuodng can tai 4 <
AN = 4B (2)

(1) @ZvLE@3(x—2)—4(y+1)—10=o@3x—4y=20@y:%x—s.
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(2) @ AN? = AB* & (x—-2) +(y+1) +25=9+16 +4
3x Y 9x> 16
S(x-2)+| -4 =dox—dxtd+——bx+16=4>x=—
4 16 5
13 16 13 3
Suyra y=——=>N|—;——;0|. Vay x, +y, =—.
yray 5 (5 5 ] Y Xy T Vn 5
Ciu 4: Trong khong gian Oxyz , cho hai diém M (2;3;-1),N(-LL1).
a) Hinh chiéu cua diém M trén truc Oy c6 toa do la (-2:3:1).
b) Goi E 1a diém dbi xtimg cta diém M qua N . Toa df cua diém E la (—4;-1;3).
¢) Cho P(1;m—1;3). Tam gidc MNP vudng tai N khiva chikhi m=1.

d) Piém I (a;b;c) nam trén mit phang (Oxy) théa mén T = ‘317\2 - 1‘1\7‘ dat gia tri nho nhat. Khi d6
2a+b+c=9.

Loi gidi
a) Sai: Hinh chiéu ciia diém M trén truc Oy co toa do 1a (0;3;0).

1= 2+ x,
3 2 xp,=—4
b) Pung: Vi N 14 trung diém cia ME < 1:% oy, =—1= E(-4:-13).
1= -1+z, T
2

¢) Pung: Ta cd NM =(3;2;-2); NP = (2;m —2;2).

AMNP vuéng tai N <& NM.NP=0<32+2.(m—2)+(-2)2=0m=1.

7
3(2-x)-(-1-x)=0 |73
d) Sai. Goi J(x;);2) théa 3JM —~JN =0 13(3-y)-(1-)=0 <y=4
3(—1—2)—(1—Z)=O z=-2

7
Suy ra J(5’4’_2j .
Khi d6 7 =[3IM — IN|=|31J +3JM ~ 1] — JN|<|21]| =21/
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T dat gié tri nho nhét khi va chi khi 7 1a hinh chiéu cta J trén (Oxy) < 1(%;4; oj.

7
Vay azg;b=4;c:O.Suyra 2a+b+c=11.

PHAN III. Céu tric nghié¢m tri 16i ngin
Ciu 1:  Trong khong gian Oxyz, cho diém A(—2;3;4) . Khoang céch tir diém A dén tryc Ox bang bao nhiéu?
Loi giai
Goi H l1a hinh chiéu cta diém A4 1én truc Ox, suy ra H(-2;0;0).
Khid6 d, = AH =+0"+3’+4° =5
Cau2: Trong khong gian Oxyz, cho hai véc-to a =(2;1;0) va b= (-1;0;-2). Tinh cos(d,g) )
Loi giai
.\ a-b 2-(=1)+1-0+0-(-2
Tacod cos(&,b): il [i = ( ) ( ) :—22—0,4.
alfp| V2 areoJep e (2?5

Cau3: Trong khong gian Oxyz, cho hinh hép MNPOQMNP'Q voi M(1;0;0),N(2;-11),
0(0;1,0),M'(1;2;1). Biét toa do diém P'(a;b;c). Khi do gia tri tong a + b+ ¢ bang bao nhiéu?
Loi gidi
Ta c6 MN :(1;—1;1);]\TQ = (—1;1;0);]\TM' =(0;2;1).

Do d6 MP' = MN + MO + MM’ =(0;2;2).

a—-1=0
Suyra<b-0=2=a=1;b=2;c=2.Vay a+b+c=5.
c—-0=2

Cau4: Trong khong gian Oxyz cho céc diém A4(1;0;0),B(3;2;4),C(0;5;4). Xét diém M thudc mit phing
(Oxy) sao cho P=MA> + MB* +2MC”* dat gi4 tri nho nhat. Tim gié tri nho nhét P, do.

min

Loi giai
2
x,:xA+xB+ Yo
4
I - _— = J— . 2
Léy diém I sao cho A4+ B +2IC =0=>{y, :Wﬁ:ﬂ(l;sﬁ)
ZI:ZA+ZZ+2ZC:3

P:(m)2 +(m)2 +2(FC’)2 = (WJrﬁ)z +(W+179)2 +2(M+If‘)2
= 4MT* + 14> + IB* + IC? +2W(H+E+2ﬁ) = 4MT* + 14° + IB* + IC?
P dat gia tri nho nhat < M 1a hinh chiéu ctia / 1én mit phang (Oxy) <= M(1;3;0).
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Cau 6:

Khi d6 MI =(0;0;3),14 = (0;-3;-3),1B = (2;-1;1),1C = (-L;2;1).
Suyra MI =3,I4=32,I1B=+/6,IC =+/6 .
Viy B, =4.3*+(32) +(V6) +(6) =66.

Trén phan mém mé phong viée diéu khién drone giao hang trong khong gian Oxyz , mot doi gdbm ba
drone giao hang 4,B, C dang c6 toa do 1a A(L;L;1),B(57;9), C(%11;4). Goi d,,d,,d, lan lugt 1
khoédng cach giita mdi cdp drone giao hang trén. Tinh d, +d, +d, (két qua l1am tron dén hang phan

chuc).

Loi giai
Céc khoang cich giita mi cdp drone giao hang la:d, = 4B = \/(5 - 1)2 +(7- 1)2 +(9- 1)2 =2429;

d, = BC=\J(9-5) +(11-7) +(4-9) =57 ;

dy= AC=J(9-1) +(11-1) +(4-1) =173,

Suyra d, +d, +d, =229 +~/57 +/173 = 31,5..

Vi h¢ truc toa 6 Oxyz sao cho O nam trén mat nudc, mat phéng (Oxy) la mat nudc, truc Oz hudng

l1én trén (don vi do: mét). Mot con chim boi ca dang ¢ vi tri cach mat nudc 2 m, cach mat phfmg
(Oxz),(0yz) lan luot 1a 3m va 1m phong thang xudng vi tri con c4, biét con ca cach mat nude 50 cm,

cach mit phang (Oxz),(Oyz) lan luotla Im va 1,5m. Toa d6 diém B(a;b;c) luc chim béi ca vira tiép

" C_h
A,
C g,

xuc véi mat nudce.

-
A

o)/n 4
B / >
[T A ‘f_
e x
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Loi giai
Taco: A(1,51-0,5) va C(1;3;2). Khi d6 ta co: AC(-0,5;2;2,5)
x=-0,5¢+1 A
Khi d6 phuong trinh dudng thing AC 1a y=2t+3 suyra 2,5t+2:0:>t:—§.
z=2,5t+2
7
X=—
5
Khi do y=Z hay B Z;Z;O nén azz;bzz;c:o suy ra a+b+c:Z+Z:E:2,8_
5 55 5 5 5 5 5
z=0
HET

Quy phu huynh va cac em hoc sinh dky khoa hoc

1. Zalo thay Thuin Toan: 0869998668
zalo.me/84869998668

2.Facebook thay:
https://www.facebook.com/Thaygiaothuan.99/

3.Fanpage thay:
https://www.facebook.com/thaythuantoan/

4. Tiktok thay:
https://www.tiktok.com/@thay hothucthuan
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