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HO THUC THUAN

TAI LIEU THUQC KHOA HQC
“LIVE VIP 9+ TOAN ”

DPANG KY HQC EM INBOX THAY TU
VAN NHE!

DE KIEM TRA KET THUC CHUONG VECTO
( Chuan cdau truc SGK form maoi- Dé so 03)

DAP AN DE 5O 03
PHAN I. Céu tric nghiém nhiéu phuong an lgya chon.
(Mdi cau tra 16i dung thi sinh dwoc 0,25 diém)
BANG DAP AN TRAC NGHIEM
Cau 1 2 3 4 5 6 7 8 10 11 12
Chon C D C A D C C D B C D A

O

PHAN II. Cau tric nghiém dung sai.

Diém t6i da ctia 01 cAu hoila 1 diém

-Thi sinh chi lya chon chinh xac 01 y trong 1 cau hoi duoc 0,1 diém.
-Thi sinh chi lga chon chinh xac 02 y trong 1 cau hoi duoc 0,25 diém.
-Thi sinh chi lya chon chinh xac 03 y trong 1 cau hoi duoc 0,5 diém.
-Thi sinh lwa chon chinh xac ca 04 y trong 1 cau héi dwoc 1,0 diém.

Caul Cau 2 Cau 3 Cau4
a)b a)b a)sS a)b
b) S b) b b) b b) b
c)S cb cb b
d)b d)S d)S d)S
PHAN III Cau tric nghiém tra 16i ngan.
(Mdi cau tra 10i ding thi sinh duoc 0,5 diém)
Cau 1 2 3 4 5 6
Chon -8 11,6 26 9,53 23,6 51
LOI GIAI CHI TIET

PHAN I. Cau tric nghiém nhiéu phurong an lya chon. Thi sinh tra 16i tit cAu 1 dén cau 12. Mdi cau
hoi thi sinh chi chon mot phuong an.

Caul: Trong khong gian cho t& dién déu ABCD c¢6 bao nhiéu vecto c¢6 diém dau la diém A diém

cudi la mot trong cac dinh con lai cua tr dién?

A. 4. B. 2. C.3.
Loi giai

i
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Chon C
Co ba vecto la: E,E,E .

Cau2: Trong khong gian Oxyz, cho vecto u = (-3;-2;4). Toa d0 cuia vecto —2u 1a:
A. (6;-4:8). B. (3;2;-4). C. (-6;-4:8). D. (6:4;-8).
Loi giai
Chon D
Ta co: —2u=(6;4;-8).
Cau 3: Cho hinh lap phuong ABCD.A'B'C'D"' c6 d¢ dai mdi canh béng 1. Cé thélap duoc hé toa do
Oxyz nao sau day.
A. Goc O trung voi dinh B' va cac vecto i; j:k Tan luot 12 cac vecto B'B;B'C;B'A.
B. Goc O trung vdi dinh B' va cac vecto i; j;k Tan lwot 1a cac vecto B'AB'CB'A.
C. G6c O trung véi dinh B' va cac vecto 7; j;k Tan lwot 1a cac vecto B'C;B'A;B'B .

D. G6c O trung véi dinh B' va cac vecto ;;}';l; lan lwot 1a cac vecto B'A,B'C"B'D.

Loi giai
Chon C

+)1ﬁnh lap phuong ZBCD.A'B'C'D' cdcaccanh B'B;B'C'; B' A khong vuong goc voi nhau ting
déimétvi (BB, B'4) = AB'B = 45° nén khong c6 thé' lap mot hé toa dd Oxyz c6 goc O trung voi
dinh B' va cac vecto i; j;k Tan lwot 14 cac vecto B'B;B'C;B'A.

+) Hinh lap phuong ABCD.A'B'C'D' cdcaccanh B'A4";B'C"; B' A khong vuong goc voinhau timg
doimétvi (B' 45 B'4) = AB'A'=45° nén khong c6 thé 1ap mot hé toa dd Oxyz ¢b goc O trung

v6i dinh B' va cac vecto i; j;k 1an luot 1a cdc vecto B'A;B'C;B'A.
+) Hinh 1ap phuong ABCD.A'B'C'D' cdcaccanh B'C';B' A", B' B doi mot vuong goc véi nhau.
Vi Hinh 1ap phuong cé d6 dai mdi canh bang 1 nén cac vecto B'C;B'AB'B ¢ cung diém

daula B' va déu c6 do dai bang 1.
Tt cac diéu kién trén, suy ra cd thé 1ap mot hé toa d¢ Oxyz c6 goc O trung voi dinh B' va cac

vecto i; j;k Tan luot 1a cac vecto B'CB'AB'B.

+) Hinh lap phwong ABCD.A'B'C'D" c6cadccanh B'4"; B'C"; B' D khong vudng goc voinhau timg
dbi mdt vi tam gidc B'C'D vuéng tai C' = (B'C';B'D) = DB'C' #90° nén khong c6 thé 1ap mot
hé toa d0 Oxyzcd gbc O trung véi dinh B' va cac vecto i, j;k Tan luot 1a cac vecto
B'AB'C;B'A.
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Cau 4:

Cau 5:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

Trong khong gian v6i hé truc toa dd Oxyz, cho diém M (1;2;3); va vecto MN (2;2;4). Toa d6

cua diém N la

A. (347). B. (3;—4;7). C. (34;-7). D. (-3;—4;,-7).
Loi giai

Chon A

Goi N(x;y;z).

Ta cé mz(x—l;y—2;z—3).

Ma MN =(2;2;4) > x=3y=4z=7.

Vay N(3;4,7).

Trong khong gian v6i hé truc toa dd Oxyz, cho a=—i+2j-3k.Toa dd cua vecto a la:

A. (2;-1;-3).. B. (-3;2;-1).. C. (2-3;-1).. D. (-1;2;-3).
Loi giai

Chon D

Tacod: a=—i+2;-3k = &(—1;2;—3).

Cho a= (1 2;-3), b=(-2;-4;6). Khang dinh nao sau day dung?

A.a=2b B.b=2a. C.b=-2a. D.a=-2b.
Loi giai

@‘

Chon C
a=(2;-3)=-2a=(-2-4;6)=b.

Tich v6 huéng ctia hai vecto u = (1;2;-1)va v= (0;1,-2) bang

A. 4. B.O. C. 4. D. 2.
Loi giai

Chon C

uy=1.0+2.1+(-1).(-2)=4.

Trong khong gian Oxyz, cho céc vecto a =(1;-2;-1) va b= (2;1;-1). Gia tri cua cos(d,l;) la

A -1 B.ﬁ. c.ﬁ. p. L
6 2 2 6
Loi giai
Chon D

Ta c6 cos(a.b) - a.b 12+(=2)1+(-1).(-1) 1

al[p]  i+ariasrer 6
Cho hinh hdp ABCD.A'B'C'D'. Tim gié tri cia k thich hop dién vao dang thang vecto:
E+§Z+k(5§+5’ﬁ):().
A. k=0. B. k=1. C. k=4. D. k=2.
Loi giai
Chon B
Ta c6: E+ﬂ+k(5§+5§):ﬁ+ﬁ+k@:§5’+k@
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Suy ra BC' = -kC'B < BC' = kBC’
Vay k=1.
Cau10: Trong khong gian véi hé toa do Oxyz, cho hai vecto a= (0;1;3) va b= (-2;3;1). Néu

2x+3a=4b thitoa dd ctia vecto x la:

A. x= 4;2;—§ . B. x= 4;—2;§ . C. x= —4;2;—§ . D.x= _4;232 .
22 22 22 2°2

Loi giai
Chon C

Tacd: 25+3a=db=r=2b-2a= 2.(—2)—3.0; 23-2121-23 =422
2 2 2 2 2" 2

Cau 11: Trong khong gian voi hé toa dd Oxyz, cho hai diém 4(1;1;,0) ; B(2;-1;3). Tim toa dd diém C
trén truc Oy dé€ tam gidc 4BC vudng tai 4.

A. [O;O;l]. B. (0;2;0). C. [l;O;Oj. D. (O;l;Oj.
2 2 2
Loi giai
Chon D
Goi C(0;;0).

Ta co: ZE:(I;—ZQ); ZE’z(—l;y—l;O)

' . R . = 1
Pé tam gidc 4ABC vudng tai A<:>AB.AC=O<:>—1—2(y—1)+0=0<:>—2y+1=0<:>y=§.
Vay toa do cuia diém C la C[O;%;Oj..

Cau12: Cho ba diém A4(3;3;-6), B(1;3;2), C(-1-3;1). Goi M,N,K Ian luot la trung diém cua
AB,BC,CA . Toa d0 trong tam E cta tam giac MNK la

A. E(LL-1). B. E(-1;2;-1). C. E(2-1). D. E(-1;1;-1).
Loi giai
Chon A
A
M K
B C
N

Hai tam gidc 4BCva MNK 6 cling trong tam. Suy ra E(1;1;—1)
PHAN II. Cau tric nghiém ding sai. Thi sinh tra 10i tir cAu 1 dén cau 4. Trong mi y a), b), c), d) & mdi
cau, thi sinh chon dang hoac sai.

Caul: Cho t&t dién ABCD c¢b6 AB=2a, CD=2b.Goi I, J lan luot la trung diém caa 4B, CD va
IJ =2¢,M la mét diém bat ky va G 1a trong tam cua t& dién.
a) AB+CD=AD+CB.
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b) AB+ AC+ AD =34G.
¢) MA® + MB* =2MI*.
d) Gié tri nho nhat cta P=MA® + MB* + MC* + MD’ bang 2(a* +b” +2¢7).

Loi giai
A

C
a) Pang; Ta c6 Z§+@:Zﬁ+5§+5§+§5:@+5§+5§f§5:@+5§.
0
Vay a) Dung.
b) Sai: Do 7, J Tan luot 1a trung diém ctia 4B, CD va G la trong tam cta t& dién ABCD nén
G trung diém IJ vanén ta co
AB+AC+AD =241 +24] =2( 4l + 4] )=224G = 44G .

Do d6 b) Sai.

JRE —  —\2 _—
¢) Sai: Ta c6 MA> = MA = (MI +14) = MP +14° +2ML.IA

—_— _ —\2 —_—

va MB* =MB = (MI+1B) =M1’ + 1B’ +2MIIB.
Suy ra MA® + MB> =2MI* +2a° + 2@(171 +TB) (do I4=IB = a)
=2MI” +2a” (do IA+1B =0). (1)
Do d6 c) Sai.
d) Pung: Tuong tu cau c), ta c6 MC* + MD* =2MJ* +2b* . (2)
Do G la trung diém IJ nén ta cling c6 MI* + MJ* =2MG’ +2¢. (3)
Ti (1), (2) va (3), suy ra MA> + MB* + MC* + MD* = 4MG* +2(a’ +b* +2¢*) .
Do dé MA*> + MB* + MC* + MD* > 2(a2 +b° +202).
D4u "=" xay ra khi va chi khi: MG=0 hay M trung véi G.
Vay P,, =2(a’+b*+2c*) khi diém M trung véi trong tam tit dién.
Do d¢6 d) PBang.

Cau2: Cho t dién déu ABCD c6 canh béng a va M la trung diém cuaa CD.
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A
D
B
M
C
a) AM CD =0.
2
b) AB.AC = %
¢) ABCD =0
2
d) AM AB = —%.
Loi giai

a) Pling : Tam gidc ACD déusuy ra AM vudng goc v6i CDnén AM.CD =0 suy ra a)
2
b) Diing :Taco ABAC =|4B|[4C|cos( 4B, AC)= AB.AC.cos BAC = a.a.c05 60° = % suy ra b)
dang.
¢) Pang : Ta c6 AB.CD = (W +m).@ = AM .CD + MB.CD .
Mit khac AM, BM la trung tuyén ctia cac tam gidc déu ACD,BCDnén AM 1L CD,MB 1 CD.
Suy ra AM.CD =MB.CD =0 = (E,@) =90" suy ra c) dang.
d) Sai: Tac AM = +(AC+ 4D)
2
—— =l ==\ === ===\ 1(d d’| & .
Suy ra AB.AM = AB.—(AC + AD)=—(4B.AC + AB.AD)=—| “+- |= == suy ra d) sai.
2 2 2\ 2 2
Cau3: Trong khong gian Oxyz, cho cac diém 4(1;2;1), B(2;0;—1), C(6;1;0). Xét tinh ding sai cta
cac ménh dé sau:
a) AB=(-1;2;2).
b) Pinh D cua hinh binh hanh 4BCD ¢6 toa d6 D(5;3;2).
¢) Xét hinh hop ABC.OB'C'. Khi d6, tam gidc OB'C"' co trong tam G(2;—1;—1).
d) Goi E la trong tam ctia tam gidc 4BC, M 1a mot diém thay d6i trén mit phang (Oxz).
Khi d6, d6 dai EM ngan nhat bang 2.
Loi giai

a) sai.: AB=(x,~x,;y,~¥,2,—2,). Ta tinh dugc 4B =(1;-2;-2), do d6 a)
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6—x,=1 X, =5
b) Dang.: 4BCD 1a hinh binh hanh thi 4B=DC.Tacd {1-y, =-2 <y, =3.
0-z,=-2 z,=2

Tim duoc D(5;3;2), do d6 b)

) Pung: Goi E la trong tdm cua tam gidc A4BC, ta tim duwoc E(3;1;0). C6
EG=A0 = (-1;-2;-1). Tir 46 tinh dwoc G(2;-1;-1), do d6 c) dung.

d) Sai: EM ngannhatkhi M 1a hinh chiéu ctia E trén mit phang (Oxz). Tim dwoc M (3;0;0)
.Khi d6 EM =1, do d6 d)

Ciu4: Trong khong gian Oxyz, cho vécto OA = (2;-1;5) va diém B(5-5;7).
a) Toa do cua diém 4 1a (2;-1;5).

b) Goi C(a;b;c) thoa man A4BC nhan G(1;1;1) lam trong tam. Khi d6 a+b+c=—4.
) Néu 4,B,M (x;y;1) thang hang thi tong x+y =3.

d) Cho N e(Oxy) d& AABN vudng can tai 4.Tdong hoanh d6 va tung d6 cua di€ém N bang
3.

Loi giai
a) Dung: Ta ¢6 toa d6 ctia diém 4 la (2;-1;5).

l:2+5+xc
3 x.=—4
, . . —-1-5+y.
b) Dung: G la trong tdim aABC < 1=#<:> ye=9 =C(-49-9).
1:5+7+Zc Ze="9
3
Suyraa+b+c=-4.
¢) bung: Ta ¢6 ZE=(3;—4;2),m=(x—2;y+1;—4).
x-2=k-3 x=-4
Ba diém 4,B,M thénghémgkhivéchikhiWzkA—BQ y+l=k(—4)<:> y=17
d4=k-2 k=-2

Suyra x+y=3.

d) Sai. Taco N €(Oxy)= N(x;»;0) suy ra Z\f:(x—Z;yjtl;—S),ﬂ? =(3;-4;2).
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AN L 4B (1)
AN = 4B (2)

Ta c6 A4BN vubdng can tai A@{
. 3
(1)<:>ANJ_AB<:>3(x—2)—4(y+1)—10=0<:>3x—4y=20<:>y:Zx—5.

(2) © AN* = AB* & (x-2) +(y+1) +25=9+16+4
2
o2 +[ 24 TN PN PIRPINS
4 16 5
13 16 13
Suy ra y——?zN(? s OJ Vay x, +y, =

PHAN III. CAu tric nghiém tra 10i ngén. Thi sinh tra 10i tit cau 1 dén cau 6.

Caul: Cho hinh hop 4BCD. A’B C'D' tam O. Goi I 1a tim ctia hinh binh hanh 4BCD.Pat AC' =u,
CA'=v, BD'=x, DB = y Tim s6 thyc & thoa man u+v+x+y k.OI .
Loi giai

Traloi: -8.

OA+OB =20M

+Goi M, N lan luot 1a trung diém 4B,CD =
OC+0D=20N

+ Vi [ 1a trung diém MN = OM +ON =20I .
el e 11— 1= 1—— 1 —
=201 = l(OA + OB + OC+OD) =—| ——AC'——CA'-—BD'—— DB’
2 20 2 2 2 2
— (v 34 3) Uiy =80l = k=-8.

Cau2: Bachi€c may bay khong nguoi lai cuing bay 1én tai mot dia di€ém. Sau mdt thoi gian bay, chiéc
may bay thtt nhat cach diém xudt phat vé phia Dong 60(km) va vé phia Nam 40(km), dong
thoi cach mat dat 2(km). Chiéc may bay thit hai cdch di€m xuat phét vé phia Bac 80(km) va
vé phia Tay 50(km), dong thoi cach mat dat 4(km). Chiéc may bay tht ba ndm chinh gitta
ctia chiéc may bay thit nhat va thit hai, dong thoi ba chiéc may bay nay thang hang.
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Khoang cach ctia chi€c may bay thit ba so véi vi tri tai diém xudt phat cua no6 la bao nhiéu km
?

Loi giai
Traloi: 11,6.
Chon hé truc toa do Oxyz, v6i gdc dat tai diém xudt phat cua hai chiéc mdy bay, mat
phang (Oxy) trung véi mat dat, truc O hudng vé phia Bac, truc Oy hudng vé phia Tay,
truc Oz hudng thang ding 1én troi, don vi do 18y theo kilomét (xem hinh v&).

Chiéc méy bay tht nhdt c6 toa do (—60;-40;2)
.Chiéc may bay thi hai c6 toa d6 (80;50;4) .Do chiéc
may bay tht ba nam chinh gitta ctia chiéc may bay
th nhat va thi hai, ddng thoi ba chiéc may bay nay
thang hang nén ¢ vi tri trung diém, suy ra chiéc may
bay thit ba c6 toa do (10;5;3).

| e
"

khoang cach ctia chiéc mdy bay th¢ ba vdéi vi tri tai diém xudt phat cua néd la:

V10* +52 +3% = 11,6(km) .

Cau3: Trong khong gian toa d6 Oxyz, cho cac diém 4(-1;2;3),B(3;0;-1),C(1;4;7). Gia st diém M
thudc mit phang (Oxy) sao cho MA® + MB® + MC* nho nhat. Tinh MI* véi 1(0;3;4).
Loi giai
Tra loi: 26.
Ta cé: MA® + MB* + MC?
—MA +MB +MC
- —\2 _ —\2 JEE— —\2
= (MG +GA) +(MG+GB) +(MG+GC)
—3MG +2M—G.(@+@+@)+@2 +GB +GC .
Ta chon diém G sao cho: GA+GB+GC =0 = G(1;2;3).
Ta cb: MA® + MB* + MC* =3MG + (@2 +GB + R‘z) va GA +GB +GC khong dbi.
Do d6: MA? + MB* + MC® nhé nhét khi va chi khi MG = MG? nho nhat,
khi va chi khi M 1a hinh chiéu vudng goc cia G 1én mit phang (Oxy)
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= M (1;,0,0) = MI* =26

Cau4: Trong khong gian vdi hé toa do Oxyz, cho S (1; 2;3) va cac diém A, B, C thudc cac truc Ox
, Oy, Oz sao cho hinh chép S.4BC c6 cac canh S4, SB, SC d6i mot vudng gdc voi nhau.
Thé tich khéi chép S.4BC la bao nhiéu(lam tron dén hang phan tram)?
Loi giai
Tra loi: 9,53.
A(a;0;0), B(0;5;0),C(0;0;c¢) .
SA=(a—1;-2;-3); SB=(~1;b—2;-3); SC =(-1;—2;¢-3).
Vi §4, SB, SC d6i mot vudng géc nén

ﬂj.@ QS_B:O a+2b=14 6127
SELSC<iSBSC=0c12bt3c=14e1p=".
SALSC |SASC=0 |a+3c=14 3
‘73

1 343

Do §4, SB, SC d6i mot vudng goc, nén: V,,. =—SA.SB.SC = l7Zz =—=9,53
6 6 23 36
Cau5: Mot may bay dang cat canh tir phi treong. Vi hé truc toa dd Oxyz dwgc thiét 1ap nhu hinh
vé, cho bidt M (a;b;c) 1a vi tri ctia may bay, bist OM =14, NOB =30°, MOC = 60°. Tinh gi4
tri biéu thitc T=a+b+c (lam tron két qua dén hang phan muoi).

€}

Tra loi: 23,6

* Xét tam giac vuong OMC co:
«OC=0M.cos60°=14.cos60°=7T=c="7.
« CM = OM .sin 60° = 14.sin 60° = 7+/3.

Thiy Hé Thite Thugn - Bikt Phd Dé Thanh Céng! [HT

HO THUCTHUAN



(]

HO THUCTHUAN

Cau 6:
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* Xét tam giac vuong OBN co:
7\/— 7B

ON.sin30° =
2

NE) 21

« OB = ON.cos30° = 7\/_—:»1;_?

73 21

Vay a+b+c——+— 7=23,6.

« BN =

Hai chi€c khinh khi cau bay 1én tir cing mot dia diém trong khong gian. Sau mét khoang thoi
gian, chiéc thtt nhat nam cach diém xudt phat 3 km vé phia Pong va 2 km vé phia Nam,
dong thoi cach mit dat 0,5 km chiéc thit hai ndm cach diém xudt phét 1 km vé phia Bac va 1
km vé phia Tay, dong thoi cach mat dat 0,3 km. Cung thoi diém d6, mot nguoi dung trén
mat dat va nhin thay hai khinh khi cau néi trén. Biét rang, so véi cac vi tri quan sat khéc trén
mat dat, vi tri nguoi d6 ding c6 tdng khoang cach dén hai khinh khi cau 1a nho nhat. Hoi
tong khoang cach nhé nhat dy bang bao nhiéu kilomét? (Lam tron két qua dén hang phan
muoi.)

Loi giai
Traloi: 5,1
zh
b4
0,3 km |

0,5 km

- 7 | 1km p
TGy -=-enenen- idlh’?v"‘ 5 y:: Déng
"‘,' -//2 krﬂ

Nam &% 3 km

Hinh 7

Chon hé truc toa d6 Oxyz vdi goc toa do O dat tai diém xuat phat ctia hai khinh khi cau,
mat phang (Oxy) trung véi mdt dat voi truc Ox hudng vé phia Nam, truc Oy huéng vé
phia Dong va truc Oz hudng thang 1én troi (don vi do 14y theo kilomét).

Khi d6 0(0;0;0), 4(2;3;0,5), B(-1;-1;0,3) lan luot la vi tri xu&t phat va vi tri ctia hai khinh
khi cau ddi voi hé truc toa dd da chon tai thoi diém duoc quan sat.

Goi M la vi tri dng ctia ngureoi quan sat.

Goi B'(-1;-1;-0,3) la diém d6i xting v6i B qua mat phang (Oxy).

Tacdé MA+MB=MA+MB'.

Suy ra MA+ MB nho nhat khi MA+ MB' nho nhét, nghia la khi va chikhi 4, B, M théng
hang.

Goi M (x,,;v,:0), suy ra MA =(2-x,,33-,:0,5), MB’ =(-1-x,;-1-,;-0,3).

A, B, M thang hang nén MA, MB cung phuong.
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wormveruan  DANG Ki KHOA HQC LIVESTREAM — CHINH PHUC PIEM 8, 9, 10 MON TOAN!

1
_olew, ey, 03 8:>M(1~1 ]

_9_70
2-x, 3=y, 05 1 82
Yu =
2
Khi d6 min(MA+MB)=min(MA+MB')= AB' ~5,1 km.

Quy phu huynh va cac em hoc sinh dky khoa hoc
1. Zalo thay Thuin To4an: 0869998668
zalo.me/84869998668
2.Facebook thay:

https://www.‘ facebook.com/Thaygiaothuan. 99/
3.Fanpage thay:

https ://ww‘w. facebook.com/thaythuandaytoan
4. Tiktok thay:

https://www.tiktok.com/@thay hothucthuan

Thiy Hé Thite Thugn - Bikt Phd Dé Thanh Céng! [HT
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