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TAI LIEU THUQC KHOA HQC
“LIVE VIP 9+ TOAN ”

DPANG KY HQC EM INBOX THAY TU
VAN NHE!

DE KIEM TRA GIUA HKI TOAN 12
( Chuan cau truc SGK form maoi- Dé so 02)

PAP AN PE SO 02

PHAN I. Cau tric nghiém nhiéu phwong an lya chon.
(Mdi cau tra 1di dung thi sinh dwoc 0,25 diém)

BANG DAP AN TRAC NGHIEM

Cau

1

2 3 4 5

6 7 8 9 10 11 12

Chon

C

B D A B

B C A A |D B D

PHAN II Cau tric nghiém dung sai.
Diém t6i da ctia 01 cAu hoila 1 diém
-Thi sinh chi lga chon chinh xac 01 y trong 1 cau hoi duoc 0,1 diém.
-Thi sinh chi lya chon chinh xac 02 y trong 1 cau hoi duoc 0,25 diém.
-Thi sinh chi lga chon chinh xac 03 y trong 1 cau hoi duoc 0,5 diém.
-Thi sinh lwa chon chinh xac ca 04 y trong 1 cau héi duoc 1,0 diém.

PHAN L. Céu tric nghiém nhiéu phwong 4n lwa chon. Thi sinh tra 16i tir cAu 1 dén cau 12. Mdi cau

thi sinh chi chon mot phwong an.

Caul:

Cho ham s& y = f(x) c6 bang xét ddu dao ham sau:

Thay Ho Thirc Thudn - https://www.facebook.com/Thaygiaothuan.99/

Caul Cau 2 Cau 3 Cau4
a)S a)b a)b a)b
b) D b) S b) S b) D
c)S b b b
P P P 4s
PHAN IIL CAu tric nghiém tra 16i ngén.
(Mdi cau tra 10i ding thi sinh duoc 0,5 diém)
Cau 1 2 3 4 5 6
Chon 6,35 100 7,34 10,3 671
LOI GIAI CHI TIET
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X | —o -2 0 2 +i0

Ménh dé nao dudi day dung?

A. Ham s dong bién trén khoang (-2;0).

B. Ham s& dong bién trén khoang (-«;0).

C. Ham s& nghich bién trén khoang (0;2).

D. Ham s6 nghich bién trén khoang (-2;2)

Loi giai
Ham s6 nghich bién trén cac khoang (-2;0); (0;2).
Va dong bién trén cac khoang (—0;-2) va (2;+).
Cau2: Chohams6 y= f(x) c6 do thi nhu hinh vé bén:

Téng gid tri 16n nhat va gia tri nho nhat ctia ham s8 trén doan [-1;3] bang
A. 1. B. 2. C. 4. D. 2

Loi giai
Dua vao do thi cia ham s§ y = f'(x) ta thay:

A[lclzgg]yzl tai x=0, x=3.

Min y=-3 tai x=—-1, x=2.

xe[-1;3]

Vay tong gia tri 16n nhat va gia tri nho nhat ciia ham s8 trén doan [-1;3] bang 2.

Cau 3: Tiém can ngang cta do6 thi ham sd y = 2024 la duong théng c6 phuong trinh
A. x=0. B. y=2024. C. x=1. D. y=0.
Loi giai
Tacéd: lim y = lim 202? =0; lim y= lim 2024 =0
X—>+00 X—>+00 x — X—>—00 X—>—00 x —

Suy ra, d6 thi ham s c6 mot duong tiém can ngang y =0.
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Cau 4: DO thi sau day 1a cua ham so nao?

4

o 1 \\2 3
2 _ 2 _ L
A.y:x—xl. B. y=x 2. C. y:x—xl. D. y=—x3+3x2+1.
x—2 1-3x x—1
Loi giai
Chon A

D6 thi ham s6 c6 duong tiém céan xién nén loai ddp an B va D
Vi duong tiém can ding la x=2 nén chon A

Cau5: Khibo qua sttc can ctia khdng khi, d6 cao (mét) ciia mot vat dwoc phong thang ding 1én trén
tir diém cach mat dat 2m voéi van toc ban dau 24,5 m/s 1a h(r)=2+24,5t—4,9¢*. Tim khang

dinh dung.

A. Van t6c ctia vat sau 2 gidy la h(2)=31,4m/s
B. Van toc cua vat sau 2 gidy 1a 4'(2)=4,9m/s
C. Van toc cua vat sau 3 gidy la 4'(3)=4,9m/s

D. Van t6c cua vat sau 3 gidy la h(3)=31L4m/s
Loi giai
Chon B
Theo y nghia co hoc ctia dao ham, van tdc cua vatla h'(1)=24,5-9,8¢
Do d6 van tdc ctia vat sau 2 gidy la #'(2)=4,9m/s
Cau 6: Cho hinh lap phuong ABCD.4A'B'C'D'. Goi O la tam ctia hinh 1ap phuong. Khang dinh nao
sau day la dang?

A. A0 = (AB + 4D + A7) B. A0~ (4B + 4D + A7),
S D
C. AO=Z(AB+AD+AA'). D. A0=§(AB+AD+AA').
Loi giai
Chon B
All _Bl
Dl i > ("sl
e
T
D 5

Tacd AC' = AB + AD + AA’
R I I T
Mt khéc O 1a trung diém AC'= A0 =—AC =5(AB+AD+AA).
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Cau7: Hinh minh hoa mét hé toa d6 Oxyz trong khong gian cuing véi cac hinh vudng c6 canh bé“mg
1 don vi. Toa d0 cua diém N la

A. (3;42) B. (3;2;4) C. (243) D. (4,2;3)

Loi giai
Cau 8: Trong khong gian Ox)z , cho hai vécto a= (1;—2;1) va b= (2;—4;—2) .Khidé ab bang
A.8. B. —8. C. 12. D. —12.

Loi giai

Tacs: ab=12+(-2).(-4)+1.(-2)=8.

Cau9: Chohamsd y=+/x’-2x.Ham s6 dong bién trén khoang nao sau day.

A. (2;+). B. (—;0). C. (—oo31). 'D. (1;+).
Loi giai
.y 2x-2
TXD: D =(-»;0]U[2;+0).Tacd: y'=—F—==0=x=1

20x* - 2x
Bang bién thién (xét dau y'):

g +a0

Do vay ham s6 dong bién trén (2;+w) va nghich bién trén (—;0).

X

i’

J!

. v o . P _2x+2 e .
Cau 10: Biét d6 thi hamso y= R e tién can xién la dwong thang y =ax+5. Tinh a*+2b.
x f—
A. 4. B.2. C.5. D. 3.
Loi giai

y=x+1+

Chia t& thttc cho mau thic ta duoc *72 = Tiém can xién ctia d6 thi ham s6 1a
lim =0
x>t x — 3

duong thang cé phuong trinh y =x+1 nén a” +2b=3.

(1)

0 THU'C THUAN
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Cau 11: Cho hai vecto &,l; théa man: ‘Zz‘ =26;|b| = 28;|a + l;‘ =48. D0 dai vecto a - b béng?
A. 25. B. /616 . C. 9. D. \/618.
Loi giai
Chon B
Ta co:
la+ [ =48’
o (a+h) =48
oa +b +2ab=48
-2 -2 —| |- -
< lal +|b +2‘a‘.‘b‘cos(a,b)=482
i fleos(2.)= E20 228 _ g
Khi é:

la~8 =(a-b) =a’ +5" ~2ab=|a[ +[ff ~2[a] [f[cos(a.)
=26 +28°-2.422=616

:>‘ZZ—B‘=\/R

Cau12: Cho hinh lap phuong ABCD.A'B'C'D' ¢4 canh bang 2. V&i hé toa d6 997 duoc thiét lap
nhu hinh bén (gbc toa d6 O trung véi diém 4), toa d6 diém C' 1a

A p
B ¢’
| IR (S| D,
P 3
B )
c
A. C'(2;2;0) B. C'(2;2;2) C. C'(2;0;0) D. C'(2;0;2)
Loi giai

Chon D
V6i A la gdc toa do thi C'(2;2;2)
PHAN IL Ciu tric nghiém dang sai. Thi sinh tra 10i ttr cau 1 dén cau 4. Trong moi ya),b),c),do
mdi cau, thi sinh chon dtng (D) hodc sai (S).
2 J— —
Caul: Chohamsd y="""""1 6 45 thj (C). Cic ménh dé dusi day la dung hay sai?
x —
a) [NB] V6i m =0, ham s§ dong bién trén khoang (0;+).
b) [TH] V6i m=0, ham sd dat gid tri 16n nhat trén [—2;1] la 2.

¢) [TH] Vi m=1, o thi ctia ham s dat cuc tiéu tai di€ém (1;1) va dat cuc dai tai diém (3;5).

@D Thay Hé Thirc Thudn - https://www.facebook.com/Thaygiaothuan.99/ ) IHT
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d) [VD] Tong tat ca cac s6 nguyén duong cta tham s6 m d€ duwong tiém can xién A cta d6
thi
Loi giai
-x-1
x=2
Ham s8 khong xac dinh tai x=2, ma 2 € (0;+x).

a) (Sai). V6i m=0,taco: y=

Do vay, ham s dong bién trén khoang (0;+)
b) (Dhing).Véi m=0, tacd: y= "L oy 3
x=2 (x - 2)

Khi d6, ham s§ dong bién trén [-2;1]. Do vay, Max y=y(1)=2
[-2:1]

2

¢) (Sai).Véi m=1, ta co: y=>—*"1
x=2
Tap xac dinh: D=R\{2},
. x* —4x+3
(x-2)

Cho y'=0<:>x2—4x+3=0<:>{x

Bang bién thién

. —o0 1 2 3 +oo

I'(x) + 0 — - 0 +

N\

Dua vao bang bién, do thi ciia ham s dat cuc dai tai diém (1;1) va dat cuc tiéu tai diém

(3:5).
Vay voi m=1, d6 thi cia ham s6 dat cuc ti€u tai diém (1;1) va dat cuc dai tai di€m (3;5)

’ AA - A A? NA . k] N ~ Vé \ -A A A 3
d) (Pang)biéu kién dé do thi ctia ham s6 c6 duwong tiém can xién: m =0, m = 7

Puong tiém can xién A ctia d6 thi ham s6 1a: mx—y+2m—-1=0.

D& duong tiém can xién A tiép xtic voi dudng tron (C) tam (-1;1) ban kinh R_% thi
-m—-1+2m-1 =leZ”
d(1a)=R < ET2m L 2P el et —sme 70| M T EE
m2+1 \/5 ”}'12:7EZ+

Cau 2. Tai mot co s6 san xuat nwde tinh khiét, nhan vién phu trach san xuat cho biét, néu mdi ngay
co sO nay san xudt x (m3) nudc tinh khiét thi phai chi phi cadc khoan sau: 5 triéu dong chi

phi c§ dinh; 0,15 triéu dong cho mdi mét khdi san pham; 0,0005x° chi phi bado dudng may

@j Thiy Hé Thite Thugn - Bikt Phé Dé Thanh Cong! [wt
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moéc. Biét cong suét t8i da moi ngay cua co s6 nay 1a 200m’. Goi C(x) 1a chi phi san suat
x (m*) san phAm mdi ngay va C(x)la chi phi trung binh m&i mét khi san pham. Khi dé:
a) [NB] C(x)=0,0005x"+0,15x+5.
b)[TH] Chi phi san suat 100m’ nuwdc tinh khiét 1a 20 triéu dong.
d[TH] C(x)=0,0005x+0,15 +§.

d)[VD] Chi phi trung binh giam xudng khi san luong nudce tinh khiét trong ngay khong
vuot qua 100 m’.
Loi giai
a) Pung: Chi phi méi ngay la tong cac chi phi nén C(x)=0,0005x"+0,15x+5 (triéu dong).
b) Sai: Khi x=100, ta c6 C(100) =0,0005x100” +0,15x100+5 = 25.
¢) Pang: Chi phi trung binh trén mdi khéi san pham la:
E(x) _ 0,0005x” +0,15x+5

X

d) Bung: Xét ham sd E’(x) =0,0005x+0,15+§, 0<x<200.
x

=0,0005x+0,15+§.
X

Ta ¢ EI(’CF%—%/ C (x)=0e x> =10" = x=100 (do x <(0;200]

Bang bién thién:

z |0 100 200
C'(z) — 0 +
Foo 0,275
C(z)
0,25

Vay chi phi trung binh giam khi ham s C(x)nghich bién, tic la x €(0;100).
Céu 3: Cho tam gidc 4BC biét 4B = (4,-2;-1), AC = (-1;,-4;0) va toa do trong tdm ctia tam gidc ABC

la G[—l;l;zj.
3
a) [NB] Toa do ctia 4B+ AC =(3;-6;-1).
b) [TH] Hoanh d6 ctia diém 4 la x, =4.

¢) [TH] Cao d6 cua diém D la z,=2.
d) [VD] Goi E la dinh tht tu cta hinh thang ABCE (v6i AE || BC). Khi S ., =38, thi
tong cac toa do thanh phan cta £ la 5.
Loi giai
a) Pung. Toa do ctia AB+ AC = (3;-6;-1).

b) Sai. Do G la trong tdm tam giac ABC nén OA+ OB +0C =30G.
Ta lai ¢6 ZE+Z€=52+5§+56—3574=35E;'—3b71@52=§(356—21§—26)
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—_ 0 1 —
& 0d= OG—E(ABJrAC) =(-2:30).

Suy ra 4(-2;3;1). Hoanh d6 cua diém 4 la x, =—2. Vay b) Sai.

c) blng. Ta ¢ AB =(4;,-2;-1) va 4(-2;3;1) nén B(2;1;0);

AC =(-1;,-4;0) va A(-2;3;1) nén C(-3;-L1).

ABCD la hinh binh hanh khi va chi khi 4B = DC, tit day tasuy ra D(-7;1;2).
Suy ra, cao d¢ ctia diém D la z, =2. Vay c dung.

d) Pang. Theo gia thiét 4BCE la hinh thang c6 S, =35, nén

S op =28 o < %d(C;AE).AE = 2.%d(B;AC).AC

Ma d(C;AE)=d(B,AC) nén AE =2BC,suyra AE =2BC .Suy ra, E(-7-1;3).
Vay d) dung.
Cau4: Trongkhong gian v6ihé toa dd Oxyz, cho tam gidc ABC c6 A(1;2;—-1), B(2;—1;3), C(—4;7;5)

a) [NB] Toa d¢ trung diém cta BC 1a [ =(-1;3;4).
b) [TH] Tong tung dd va cao d6 ctia trong tam tam gidc 4BCbang 5
¢) [TH] Cho A,B,M(O; y;z) théng hang. Khidé y+z béng 0

d) [VD] Toa do chan duong phan giac trong géc B ctia tam gidc 4BC1la D[—%;—l?,—l;l]

Loi giai
a) (bung)Toa d6 trung diém ctia BC 1a 1 =(-1;3;4).

b) ( Dung) Toa d trong tam G[—%;g;% . Téng tung dd va cao d6 cha trong tdm tam giac

ABCbang 5

¢) (Pang) AB=(1;-3;4), AM =(-L,y-2z+1)
4,B,M(0;y;z) thing hang khi 4B =(1;-3;4) cung phuong AM =(-1;y-2;z+1)

Nghta la _T1=y—_32= 21 Ta tinh duoc M (0;5-5). Khi d6 y +z biing 0
d) (sai)
B
A e
// I| \\\
z// I| \\\\
// I \\\
i L -
1 RS ¢
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Tacéd AB =~/26, BC =~/104 =226 .

GoiD(x;y;z),khidéD—A:B—A:l.Suyram:—lD—C(*).
DC BC 2 2

Ma DA=(1-x2—y;—1—z), DC = (—4—x;7—y;5—z2).

2

X=—=

1—x:—l(—4—x)

Tie ()= 2—y=—2(7y) = |y=1 ;»D[_E;%n]

PHAN IIL Cu tric nghiém tra 16i ngén. Thi sinh tra 16i tir cau 1 dén cau 6.

Caul. Choham s6 y=f(x) co dao ham lién tuc trén R . Pudng cong trong hinh vé sau la do thi
ham s8 y = f"(x). Tinh s6 cuc tri ctia ham s& da cho.
3
2
1
=2 -1 0 \\\\:‘////2 3 4
-1
Loi giai
Pap an: 2
Tt d6 thi, ta cd f'(x)>0,Vx e(—0;0)U(2;+0) va f'(x)<0,Vxe(0;2)
Do d6 ta c6 bang bién thién sau:
X —o0 0 2 +0
y= f'(x) + 0 - 0
Vay ham s6 da cho ¢6 2 cyec tri .
Cau2. Anh Kién mudn xay dung mot bé chira nude lang can khong 6 nap day dang hinh hop chir

nhat c6 thé tich chita duwgc 8m’, ti s6 gitra chiéu dai va chiéu cao ctia b€ chira bang 2 . Xac

dinh dién tich day (m”) ctia bé chira dé khi xay bé tiét kiém dugc nguyén liéu nhat.

Loi giai
Dap an: 6,35

Thay Ho Thirc Thudn - https://www.facebook.com/Thaygiaothuan.99/
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Goi chiéu dai va chiéu rdng ctia bé chira [an lwot 1a 2x (cm ) va y(cm ), x,y>0.Khi do

chiéu cao ctia bé€ chira la x(cm ).

4
Theobaicod V=xy2x=8=y=—.
X

Dién tich cac mét ctia bé chira phai xay dung la :

s(x): 2x.y+22xx+2.yx= 2)c.iz—l—4x2 +2x.izz 4x* +E.
X X X

Xétham s8 £ (x) = 4x’ +0 = fi(x)=8x— 0 — 0o ¥ 20 x=37 .

X X
Bang bién thién

i
¥ 0 4
y'=f(x) | " 0 +

+
u=flw|/// \
///| 19.05 /

Vay dién tich d4y ctia bé chita can xay dung dé€ xay dung tiét kiém nhat 1a: 232 3i ~ 6,35

2

mZ

Cau3. O motbé chita nude 6 chira 1000 lit nude ngot. Nguoi ta bom nuede bién cé nong dd mudi
la 30 gam/lit vao bé nudc vdi téc do la 25 lit/phut. D€ biét nong dd mudi cua nudce trong bé
sau ¢ phut ké tir khi bat dau bom, nguoi ta sé 18y khdi lwong mudi bom vao sau ¢ phut chia
cho tdng dung tich bé sau thoi diém ¢ phat. Nhw vay ham s6 biéu thi nong d6 mudi cua

7 A ’ A N . g AN / t / . e .
nuoc trong bé sau ¢ phut ké tit khi bat dau bom cé dang C(r) = % (gam/lit). Khi thoi gian
+
¢ cang 16n, nong d mudi trong bé tién dan vé gid tri ¢ (gam/lit). Tinh gid tri a+b+c.
Loi giai
Tra 1oi: 100
Ta co:
Tai thoi diém ¢ phat, tong dung tich cta bé sé la 1000+ 25¢ lit.

Khéi lwgng mudi bom vao sau ¢ phut ta dwgce 30.25¢ gam.

Do d6 ndong d6 mudi ctia nudc trong bé sau ¢ phut ké tir khi bat dau bom 1a C(r) = —4::)Ott
+

(gam/lit). Vay a =30, b=40.

2 4 \ ~ 3 Ot A 2 4 A 4 A A A A A? . \
Khao sat ham s6 C(7) = 20 trén co s& do6 nhan xét vé nong do muoi trong bé khi ¢ cang
+1

16n.
Ta ¢ lim C(f) = lim —2t = 30.
>+ t=>+0 40+ ¢
Suy ra dwong thang C(¢) =30 la duong tiém can ngang ctia d6 thi ham s& da cho.

Ta c6 bang bién thién:

Thiy Hé Thite Thugn - Bikt Phd Dé Thanh Céng! [HT
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17 0 +o00

C'(t) o+

30
C(t) ’””””’,,—f”/———————r

0
Ta thay, khi 7 cang 16n thi nong d6 mudi trong bé sé tién gan dén mirc 30 (gam/lit) nén
c=30.
Vay a+b+c=30+40+30=100.

Cau4. Khilam nha kho, bac An mudn ctra sO c6 dang hinh chit nhat véi dién tich béng 3,4m’

(tham khao hinh vé bén). Tim chu vi nho nhat ctia khung ctra s6 (d€ tiét kiém vat liéu nhat,
lam tron két qua dén hang phan tram)?

| I |
|

Loi giai
Tra loi: 7,34
Goi chiéu dai, chiéu rong lan luot cua khung ctra sd la x,y (mét). Diéu kién x,y>0.
3.4
x

Dién tich ctia khung ctrasGla x-y=3,4= y=

Khi d6 chu vi cia khung cita s8 13 € = 2x+2y = 2x+ 22

x
Xét ham s6 f(x)=2x +@ trén (0;+c0).
x
Taco fx)=2-28
x
Cho f'(x)=0=>x= \/2_5 € (0;+0)
Ta c6 bang bién thién nhu sau:
X 0 V85 +o0
5
f1(x) - 0 +
“+o0 —+o0
i \ /
£x) .
5
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44/85
5

Dua vao bang bién thién ta thdy duwoc chu vi khung ctra s6 nhé nhat bang ~7,34 m

Cau5. Mot cong ty vién thong dang 1én k& hoach xay dung mot thap vién thong tai mot thanh phd
d€ cung cap dich du t6t hon. Cong ty can xac dinh vi tri ctia thap sao cho c6 thé pht song
hiéu qua dén ba toa nha quan trong trong thanh phd. Gia st cac toa nha nay dwoc dat tai
céc vi tri ¢6 toa dd nhu sau: Toa nha 4(0;0;0); toa nha B(6;0;0); toa nha C(3;\/§;2\/g)
.Thap vién thong phai d&t & vi tri sao cho téng khoang cach tir thap dén 3 toa nha 1a nho
nhat. Khi d6 tdng khoang cach tir vi tri ctia thap dén ba toa nha bang bao nhiéu ( s6'ligu lam
tron dén hang phan chuc)?

Tra loi: 10,3
Goi vi tri thap 1a T(x;;2). Vi4B = AC = BC = 6nén tam gidc ABC déu. Khi d6 vi tri cua
thap la trong tam cta tam gidc 4BC.

_0+6+3 9
3 2
V3
Ta 6. 00 B 9J_ 26
ach:{y=—==—" =T —;——
3 6 276 3
_0+0+2J6 246
3 3

Khi d6 khoang cach tir thap dén cac toa nha la:

TA=TB=TC =

N‘§|
2

Vay tong khoang cach can tim la: S = TA+TB+TC = > “247 ~10,3.

Cau 6. Mot kién tric su mudn xay dung 1 toa nha biéu tuong doc la cho thanh phd. Trén ban thiét
ké tdoa nha c6 hinh dang 1a moét khdi lang tru tam gidc déu 4BC.A'B'C', c6 canh bén bing
canh day va dai 300 mét . Kién tric s mudn xay dung mot cdy cau MN bac xuyén toa nha
(diém dau thudc canh 4'C, diém cudi thudc canh BC') va cay cau nay sé duoc dat vang véi
don gia 5 ty dong trén 1 mét dai. Vi vay dé dap ting bai toan kinh t€, kién tric su phai chon
vi tri cdy cau sao cho MN ngén nhat . Khi d6 gia xay cay cau nay hét bao nhiéu ty dong?
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A,

(?v

Tra loi: 671

Chon hé truc toa d6 Oxyz nhu hinh vé (O 1a trung diém ctia BC). Ta co: A'(O;—ISO\/E ;300),
B(150:0:0), C(-150;0:0), C'(~150;0:300), C4'=(150;~1501/3;300), BC' = (~300:0:300)
CM =mCA’

Goi m,n thbaman<_ . ___ taco M(—150+150m;—150\/§m;300m),
BN =nBC'

N (150—300m;0;3007)
— MN = (—150m—300n+300;150\/§m;300n—300m) .
DPuong thang MN 1a duong vudng goc chung ctia 4'C va BC'nén:
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R :W=(60;60J§;60):>1\/1N=60J§
MNBC'=0  |-m+4n=2 -

5
S8 tien xay cau la: T = 60~/5.5~ 671ty dong.

2
{W.C_A;:O {—4m+n=—1 {m5
= = 3

Quy phu huynh va cac em hoc sinh dky khoa hoc
1. Zalo thay Thuin To4an: 0869998668
zalo.me/84869998668
2.Facebook thay:
https://www.facebook.com/Thaygiaothuan.99/
3.Fanpage thay:
https://www.facebook.com/thaythuandaytoan
4. Tiktok thay:
https://www.tiktok.com/@thay hothucthuan
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