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TAI LIEU THUQC KHOA HQC “LIVE VIP

Iblilrn 1 9+ TOAN »

PANG KY HQC EM INBOX THAY TU

HO THUC THUAN NZNAN IS

BAI KIEM TRA CUC TRI KHOA 2K7
( Chudn Cau Truc Form Moi 2025 )

PHAN I. Cau tric nghiém vé6i nhiéu phwong an lwa chon. Thi sinh trd [6i tir cdu 1 dén cau 12. M&i cau héi, thi
sinh chi chon mgt phwong dn.
Caul. Chohamsd y=f(x). Khang dinh nao sau day dung?

A.Ham s6 y=f(x) dat cuec tri tai x, thi f"(x0)>0 hoac f"(xo)<0.

B. Néu ham s6 dat cuyece tri tai x, thi ham s6 khong c6 dao ham tai x, hoac f ‘(xo) =0.

C.Ham s8 y = f(x) dat cyc tri tai x, thi f'(x,)=0.

D.Hams6 y=f (x) dat cuc tri tai x, thi né khong c6 dao ham tai x,.

Loi gidi;

+ Khang dinh A sai.
y'(0)=0
y"(0)=
van la diém cuyec tiéu cua ham s vi x =0 la nghiém bdi 1é cua phuong trinh y'=0 va qua x=0 ta
6 y' d6i ddu tir (+) sang (-)

That vay, xét ham s& y=x* véimoi xeR.Tacd y'=4x; y"=12x>. Suy ra { nhung x=0

D& khing dinh A dung thi ta can phai xét thém yéu t81a ham s8 y = f(x) c6 dao ham cap hai khéc
0 tai di€ém x,.

+ Khang dinh C sai.

That vay, xétham s6 y = |x| = \/x_2 o tap xac dinh D=R.

Co: y'= \/L | | = ham s6 khong c6 dao ham tai x=0.
X X
Bang bién thién:
r |—o0 0 +00
Y - +
+00

N\

Qua bang bién thién ta nhan thady ham s6 y = x| van dat cyec tri tai x=0 du tai d6 y ( ) khong xac
dinh.

+ Khang dinh D sai.

Théat vay, xét ham s6 y=x" ¢4 tdp xac dinh D=R.

Tacod: y'=2x < y'=0<x=0
Bang bién thién:
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xr |—oo 0 400

Y - 0 #

400 +00
!/ \ /
0

Quan sat bang bién thién ta nhan thdy ham sd dat cuec tri tai x=0 va y'(O) xac dinh.

+ Khéng dinh B ding vi qua hai vi du da xét ¢ cac khang dinh C va D ta nhan thay ham s
y= f(x) co thé dat cuec tri tai diém x, ma tai d6 f'(x0 ) =0 hoac f'(xo) khong xac dinh.

Cau2. Duong cong ¢ hinh bén la d6 thi cia ham sd nao trong bén ham s6 dudi day?

A, y=x"+4x"+3. B.y=-x"+4x"+3. C.y=x'-4x"+3. D.y=x"-4x"-3.
Loi gidi:
Quan st d6 thi ham s6 ta thdy day 1a d0 thi cia ham s8 bac bon: y =ax* +bx* +¢(a#0) va a>0
nén loai B va D. Mt khdc d6 thi ham s6 ¢ ba diém cuc tri nén a.b <0. Do d6 loai A.
Cau3. Chohamsd y=f(x) cd bang bién thién nhu sau:

X | - -1 0 1 +00
vy’ + 0 — + 0 N
2 / 3
—o0 -1l -1 2
Hoi ham s6 ¢6 bao nhiéu diém cuec tri?
A. 1. B. 3. C.2. D. 0.
Loi giai:

Ham s6 ¢6 y' d6i dau tir duong sang am qua x=+1 va y = f(x) xéac dinh tai x =+1=ham s§ c¢ hai
diém cuc dai x=+1.
Nhdn xét: tai x=0 thi y' d6i ddu tir am sang duong, nhung y = f(x) khong x4c dinh tai x=0 nén
x =0 khong la diém cyec tiéu cua ham s6.

Cau4. Choham sd y=f(x) cébang bién thién nhu sau:

X —0 1 3 40
.f'(x) — 0 + 0 -
+o0 2
f (x) \ / \
) —0
Ham s6 da cho dat cuc dai tai diém nao dwéi day?
A. x=2. B. x=-2. C.x=3. D. x=1.
Cau5. Diém cyc dai ciaham s y=-x"+3x 1a
A. 1. B. 1. C. -2. D. 2.
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Loi giai:
TXD: D=R.
Tacd: y'=-3x>+3=0< ==y :
x=-l=2y=-2
Bang bién thién:
X —af) -1 l +aC
y - 0 + 0 &

T~ /2\.1

Dua vao bang bién thién, diém cuc dai cia ham s61a x=1.
Céu 6. Choham sd y=ax*+bx* +c (a # 0) c6 d6 thi nhu hinh vé bén. y
Ménh dé nao dudi day dung?
A.a<0,b20, c>0.
B.a>0,b=0, c<0.
C.a<0,b<0, c>0. 0 x
D.a<0,b<0, c>0. / \

Loi giai:
+Do limy=-0=a<0 va (C) NOy = (O;c) = ¢>0. Mat khac ham s8 ¢6 duy nhat mot cyece tri nén

X—>+0

suyra a.b>0,do a<0=b<0.
Ciau 7. Ham s6nao sau day c6 ba diém cuc tri?
A y=x"+2x*-1. B. y=x"-2x*-1. C.y=—x'-2x"-1. D.y=2x"+4x+1.
Loi gidi:
Ta ¢6 tinh chat sau: ham s6 y =ax* + bx* + ¢ 6 ba diém cyc tri khi va chi khi a.b<0.
Khi d6 ta thdy ngay ham s6 y=x*—2x* -1 ¢6 ba diém cuec tri.
Cau8. Chohamsd f(x) c6 dao ham f(x)=+° (x2 - E’wc)(x2 - 9)(x2 +4x+ 3),Vx eR . S8 diém cuc tri cia ham
s6 f(x) la
A. 3. B. 0. C. 1. D. 2.
Loi giai:
Lo 2(.2 2 2 3 2 2
Taco f (x)=x (x —3x)(x —9)(x +4x+3) =x (x—3) (x+3) (x+1).
Ta thay chi cé x=0 va x=11a cac nghiém boi 1é nén qua dé f'(x) co sy doi dau.
vay ham s0 da cho ¢ hai diém cuec tri.
Cau9. Chohamsd y=x-sin2x+3.Chon két luan dung

. ~ o V4 . ~ cr Vs
A. Ham s0 dat cuc tiéu tai x =— B. Ham s0 dat cypec ti€u tai x = s

\ ~ CL . T 9 oG Q48 . T
C. Ham s6 dat cuwc dai tai x = n D. Ham s6 dat cuec tiéu tai x = I
Loi giai:

Taco: y'=1-2cos2x; y'=0<:>x=ig+kn,keZ

Lap bang xét ddu cua y' trén [—g,gj
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L=R = W
oA
ra| =

+
Vay ham s6 dat cuc tiéu tai x = % .
Cau 10. Biét M(O;Z) , N(2; —2) la cac di€m cyc tri cua d6 thi ham s6 y = ax® + bx* + cx +d . Tinh gia tri cia ham
sOtai x=-2.
A. y(-2)=2. B. y(-2)=22. C. y(-2)=6. D. y(-2)=-18.
Loi gidi:
Téap xac dinh: D=R.
Ta c6: y' =3ax* +2bx +c. Vi M(0;2), N(Z;—Z) 1a cdc diém cuec tri ctia &6 thi ham sd nén:
'(0)=0 =0 0)=2 d=2
y(0)=0 _ [e (1) va y(0)=2 @)
y'(2)=0 12a+4b+c=0 y(2)=_2 8a+4b+2c+d=-2
T (1) va (2) suy ra:a=1; b=-3; c=0; d=2=y=x"-3x" +2=>y(-2)=-18.

Cau 11. Tim tat ca cac gid tri ciia tham s6 thue m dé ham s6 y=mx’ —2mx* + (m-2)x +1 khéng co cuc tri.

A. me(—oo;—6)u(0;+oo). B. me(—6;0).
C.me[—6,‘0). D. mel:—6;0:|.
Loi giai:

Ta ¢6 y'=3mx* —4mx+m-2
TH 1: Néu m=0 thi y’'=—2 nén ham s6 khong cé cuc tri.
TH 2: Néu m =0 thi y'=3mx* —4mx+m—2 la tam thitc bac hai.

m#0

Ham s8 khong c6 cuec tri <:>A:(2m)2 ~3m(m-2)<0 <:>m2+6m£0<:>me|:—6;0).

Két hop céc truong hop ta ¢6 m e[ —6;0] thi ham s6 khong c6 cuc tri.
Cau12. Chohamsé6 y= 2x_x . Khang dinh nao sau day dtng?

A. Ham s6 da cho cé cac diém cuc dai va diém cuc tiéu.
B. Ham s6 da cho c6 diém cuc dai.

C. Ham s6 da cho cé diém cuec tiéu.

D. Ham s6 da cho khong c6 diém cuec tri.

Loi giai:

Tap xac dinh: D=R.

2 -2"x.In2 2"(l1-xIn2) (I-xIn2)

() y 7

y'=0<:>1—x.1n2=0<:>x=L‘
In2

Tacéd: y'=

Bang xét dau:

X - -—1—— +x
In2
) - 0 —
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Tt bang xét ddu dao ham ta suy ra ham s6 chi c6 mét diém cuc dai.
PHAN II. CAu tric nghiém dung sai. Thi sinh trd loi tiv cdu 1 dén cdu 4. Trong moi ya),b)c)do mdi cdu, thi sinh
chon diing hodc sai (dién dau X vao 6n chon)
Caul: Cho ham s bac ba ¢ bang bién thién nhw sau:

x | —0 0 3 +00
y + 0 - 0 +
4 +00
y /v \ /v
—00 0
Khéng dinh Dung Sai
a) Ham s6 f (x) c6 hai diém cuc tri.
b) Cuc dai ham s6 bz?mg 0.
) biém A(O;4) 1a diém cuc dai ctia d6 thi ham so.
d) Puong théng qua hai diém cuec tri cia d6 thi ham s6 la
4x+3y-12=0.
Loi gidi:
‘ a) bung | b) Sai | c) bung | d) buang ‘

b) Cuc dai ham s6 b:fmg 4.
d) D6 thi ham s6 da cho ¢c6 2 diém cuec tri la A(0;4) va B(3;0).

—)AB:%+%:1<:>4x+3y—12:0.

Ciu2: Chohamsd y=x"-2x"+1.

Khang dinh Dung Sai
a) Ham s f (x) c6 ba diém cuec tri.
b) Gi4 tri cuc dai cia ham s6 bﬁ“ing 1.
Q) biém A(l;O) 13 diém cuc dai ctia d6 thi ham so.
d) Ba diém cuc tri cia d6 thi ham s6 tao thanh mot tam
giac c6 dién tich bang 1.

Loi giai:
‘ a) bung | b) bung | c) Sai | d) buang ‘

x=0—>y=1

Tacod: y'=4x"-4x;y'=0<|x=1—>y=0 .
x=-1—>y=0
BBT:

X —00 -1 0 1
y ~ 0 + 0 - 0 +

N TN

+00

+00

y

c) biém A(l;O) 1a mot diém cuee tiéu ctia d6 thi ham so.
d) Db thi ham s& ¢4 ba diém cuec tri la A(l;O),B(—l;O),C(O;l).
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Suy ra: S —l|1.2| =1

ABC _'2

Cdu3: Chohamsd y=ax’+bx’ +cx+d, (a; bic;de R) c6 d6 thi nhw hinh vé bén dwdi:

y
o 1 x
-1
Khang dinh Dung Sai

a) Ham s6 cd hai diém cuec tri.

b) a>0.

C) b<0.

d) a>0,b<0,c<0,d>0.

Loi giai:
‘ a) bung | b) Dung | c) Sai | d) Sai

y=

b) Do lim y =+ nén a>0.

c) d) Do d6 thi cit Oy tai diém A(0;d)——d <0.

Ta ¢6: y' =3ax* +2bx +c.

c
X, X, :3—<0L°>c<0
a

+x2=_3—2b<0L°>b>0
a

Duwa vao do thi, ta co:

X

Vay a>0,b>0,c<0,d>0.
Cau4: Chohamsd y=f(x) c6 daoham f'(x)=x-4,VxeR.
Khéng dinh Dung Sai

a) Ham s6 y= f(x) ¢ hai diém cuc tri.

b) Ham s y=f x) dat cyc dai tai x =-2.
x

(
(
C) Ham s6 y = f(2 +4) dat cuc dai tai x =0.

d) Ham s6 y = f(x* 2) c6 ba diém cuec tri.
Loi giai
‘ a) bung | b) bung | c) Sai | d) biang ‘
-2
Taco: f'(x)=0=x"-4=0< e
x=2
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X | —oo -2 2 +00
+ 0 - 0 +

y _OO/v \ /v+

0

2x+4=-2 =-3
¢) Ta cé: y’=2f’(2x+4):0©{2i+4=2 C{x

=-1
BBT:
X —00 -3 -1 +00
’ + 0 - 0 +
+00
x=0

d) Ta cé: y'=2xf’(x2 —2)=0© x*-2=-2——x=0.
X' —2=2——x=142
BBT:

x | —o -2 0 2 400
o + 0 - 0 +

+00 +o0
PHAN III Cau tric nghiém tra 16i ngan. Thi sinh trd 10 tie cdu 1 déi cdu 6.
Cho ham s8 y =—x* +2x* +3 ¢6 do thi (C ) Goi h va h lan luot 1a khoang cach tir cac diém cuc dai va cuc

.« A? K ~ \ s ? n~ h
tiéu cta (C ) dén truc hoanh. Tinh ti s6 —.

. 4
Keét qua: =
ét qua 3
Loi gidi:
Tap xac dinh: D =R.
x=1=y=4
Tach: y' =—4x’ +4x; y'=0=-4x’ +4x=0|x=0=>y=3 .
x=—-l=>y=4
Bang bién thién:
X | > -1 0 1 130
¥ + 0 _ 0 P 0 _
4 4
y / \ / \
—» 3 -

Vay do thi ham s0 dat cuc dai tai A(—l;4), B(l;4); dat cuc tiéu tai C(O;3).

Khi d6 h=4;h =3. Suy ra: ﬁzi
h 3
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Gia st cdc s6 a,b,c thda man d6 thi ham s6 y = x* +ax’ +bx +c¢ di qua (0; 1) va cé mot diém cuec tri cd toa dd
(=2;0). Tinh gia tri biéu thitc T =4a+b+c.
Két qua:
Trinh bay:
Loi gidi:
Tap xac dinh: D=R.
Ta cé: y'=3x>+2ax+b
Ham s6 ¢6 cuc trj <> A, = a*-3b>0.
c=1
—8+4a-2b+c=0
Ham s6 dat cyc tri tai x=-2 nén y'(2)=0<12-4a+b=0.

Db thi ham s6 di qua hai diém (0;1);(-2;0) nén {

_u
c=1 a—4

Vaytacéhé 1 —8+4a-2b+c=0b=5 =T=4a+b+c=23
12—4a+b=0 c=1

Chohamsd y=x’ +3(m2 -m+ 2)x2 + 3(3m2 + 1)x+ 2022m. Cé bao nhiéu gia tri cua tham s6 m d€ ham sd dat
cuc tifu tai x=-27?
Kt qui
Trinh bay:
Loi gidi:
Tap xac dinh: D=R.
Ta co: y' =3x° +6(m2 —m+2)x+3(3m2 +1) = 3[)62 +2(m2 —m+2)x+3m2 +1];
va y' = 6x+6(m2 —m+2).

e an o y'(=2)=0 m*—4m+3=0
Ham so da cho dat cuc tiéu tai x=-2 <

y"'(-2)>0 - 6m(m-1)>0
m=1
= {m:?a S m=3.
m(m—l)>0
Cho ham s bacba y=f (x) c6 bang bién thién nhu sau:
X —o0 0 2 +00
f'(x) - 0 + 0 -

f(x) +\_3 / 1 \m

Tim s0 diém cuc tri cia ham sd y = f(f(x)).
Trinh bay:
Loi gidi:
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e o[ FTE)=0
Taco: y' = f'(f(x))-f"(x); » _Oc{f'(x)zo ‘
+) f'(x)=0=x=0vx=2

S(x)=0(1)
+) f'(f(x))=0< .
O s
Phuwong trinh (l) cé 3 nghiém don phan biét, (2) c6 1 nghiém don va khong trung voi nghiém
x=0,x=2 nén yzf(f(x)) cd 6 diém cuc tri.

i A g , o N A L s ~ 2 2 e
Co tdt ca bao nhiéu gid tri thiec ciia tham s6 m dé€ d6 thi ham s6 y = §x3 —mx* — 2(3m2 - l)x +§ cO hai diém

cyc tri ¢6 hoanh dd x,, x, sao cho xx, +2(x, +x,)=1?

Trinh bay:

Loi gidi:

Tap xac dinh: D=R.

Ta cé: y' =2x" —2mx—2(3m2 —1) = 2[)c2 —mx—(?»m2 —1)} .

D6 thi ham s8 d3 cho 6 hai diém cuec tri < x* —mx —(.’Jm2 —1) =0 (*) 6 hai nghiém phan biét
SA=m’ +4(3m2 —1) >0 13m*-4>0me (—oo;—iju(iﬁooj *)
Vi3

J13

X +x,=m

Theo Viét ta coO 5 .
XX, = —(3m —1)

m=0 (ko tm (*))

Theo bai x,x, +2(x, +x,) =1 -3m’ +1+2m=1<3m’ -2m=0 < 2
m= g(tm *)

Két luan: C6 1 gia tri tham s6 m thoa man yéu cau bai toan.
Tim gia tri tham s6 m d€ d6 thi ham s& y=x* —2mx* +m—1 c6 ba diém cuec tri tao thanh mot tam giac b dién

tich bang 2.

Két qua: m=2

Trinh bay:

Loi gidi:

Tap xac dinh: D=R.

Ta co: y'=4x" —4mx = 4x(x2 —m) .

Ham s6 ¢6 3 diém cuc trie> m >0 (*)
x=0

xzi\/a.

Ba diém cuc tri ctia &6 thi ham s6 la: A(o;m—1),B(—\/E 4 m —1),(:(\/% o+ m—1)

Ltc do: y'=0<:{

Goi H la trung diém ctuia canh BC, ta co:
{AH =m’ 1

— S, .=—AH-BC=m*Jm =42 & m=2 (thda (*)).
BC=2Jm MEC 2
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Quy phu huynh va cac em hoc sinh dky khoa hoc
1.Zalo thiy Thuan Toan: 0869998668
zalo.me/84869998668
2.Facebook thay:
https:// www.facebook.com/Thaygiaothuan.99/
3.Fanpage thay:
https://www.facebook.com/thaythuandaytoan
4.Tiktok thay:
https://www.tiktok.com/@thay hothucthuan




