PANG Ki KHOA HQC LIVESTREAM — CHINH PHUC PIEM 8, 9, 10 MON TOAN!

TAI LIEU THUQC KHOA HQC
I H‘I' “LIVE VIP 9+ TOAN ”

°. i . PANG KY HQC EM INBOX THAY TU
HO THUCTHUAN VAN NHE!

100 CAU TRAC NGHIEM DUNG SAI HAM SO
( Chuan Cau Tric Form SGK moi 2025)

E. BAI TAP TRAC NGHIEM DUNG SAI
Caul: Chohamséhamsé y=f(x)=—x"+m —(m*+m+1)x,

a) Khi m =1 thi max f (x) dat duoc tai x=1

E)

b) Khi m=1 thi r[r}g? f(x)=-3

¢) C6 2 gia tri nguyén cia tham s6 m thoa man r[m? f(x)=-6
-L1

d) C6 2 gia tri nguyén caa tham s6 m thoa man r[na>]( f(x)<5
-11

Tra loi

EB | b.D [c.D d.S

a) Khi m=1 thi max f (X) dat duoc tai x=1

E)

Khi m =1, ham s6 tré thanh y=—x®+x*-3x = y'=-3x*>+2x-3<0,Vx e R nén ham sé nghich
bién trén [-1;1] nén rpf\l)]( f(x)=f(-1)

b) Khi m =1 thi min f (x)=-3
[-11]
£. - _ _ 13 3 _
Ta co: min f(x)=f(1)=—1+1-31=-3
¢) C6 2 gia tri nguyén cia tham sé6 m thoa man Enll{]] f(x)=-6

Taco: y'=-3x*+2mx—m’°—m-1 VxeR
Ma A'=-2m°-3m-3<0; VmeR

Suy ra y' <0; Wx e[~L1] nén ham s6 da cho nghich bién trén[-1;1]

(1/ \j Thay Hé Thirc Thudn - CHUYEN LUYEN THI PAI HOC CHAT LUQONG CAO 9+ TOAN
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Suy ra ?—‘JH f(x)=1f(1)=-6.

Laico y(1)=-2-m®.

m=2
Do d6 —2—m2:—6<:>[
m=-2

d) C6 2 gia tri nguyén caa tham s6 m thoa man r[na>]< f(x)<5
-11

Ta co: r[1]1§1>]<f(x)= f(-1)=m’+2m+2

Suy ra: r[nlal>]<f(x)<5<:>m2+2m—3<0<:>—3<m<1

Do d6, ¢6 3 gia tri nguyén cua cua tham s M thoa man r[na>]< f(x)<5
-1;1

X+m?+m

Cau2: Chohamséhamsd y= 1

a) r}g%?(f(x)zf(?»)
. 2
b) r[r;;lg?f(x)—m +m+2

7 1
c) r}g%i(f(x):zcm:—z

d) Tong tat ca c4c gié tri caa tham s6 m dé ham s max f(x)+ r[r;_ia? f(x) :% bang 1.

Loi giai

‘a.D ‘b.S ‘c.B ‘d.S
a) max f (x)=f(3)

[3:5]

. —m?—-m- , .
Taco: y'= W <0 Vx€[3;5]= ham sé nghich bién trén [3;5]
X_

Vay rgasi( (x)=1(3)
b) r[r;;iS?f(x)zm2+m+2

o -mP-m- ) .
Taco: Y :Wd) VX €[2,3]= ham s nghich bién trén [2;3]
X_

: m’+m+3
Vay min f(x)= f(3)_T
f\x A A , ,, , R G ,\
(2P Thay Ho Thurc Thudn - But Pha Dé Thanh Cong!
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7 1
c) rE;aSi(f(x):Z@m:—E

Taco: max f (x)= f(2):Z<:>m2+m+2zzc>m2+m+1:0c>m:—1
[23] 4 4 4

d) Téng tat ca cac gia tri nguyén cua tham s m dé ham sb max f(x)+ r[rzus? f(x)= % bang 1.

o X+m?+m
Xét ham so y:T trén doan [2;3].
-m?>-m-1 . m?+m+3 m?+m+2
= <0 Wxe[23]l=minf(x)=f(3)=———,max f (x)=f(2)=———
y (X—l)z E[ ] [2;3] ( ) ( ) 2 [2;3] ( ) ( ) l
2 2 -1
maxf(x)+minf(x):E<:>m +m+3+m +m+2=E<:>§m2+§m—3:0c> m .
[2:3] [2:3] 2 2 1 2 2 2 m=-2

Viy tdng cé4c gia tri nguyén cia tham sé6 m thoaman yéu caula S=-—2+1=-1

Cau3: ChohamssY =X —2X'-2
a) Gia tri 16n nhat cuia ham so trén R 1a —2.
b) Gié tri nho nhat cia ham s trén R 1a —3.
c) Tap gia trj cua ham s6 12 [-3;+c0).

d) Trén doan [0;1], maxy = f (x,)=y,; miny= f (x;)=y,. D dai AB:\/E.

Léi giai
EE [b.D [c.P [d.D
a) Gi4 tri 16n nhat cua ham sb trén R 13 —2.
Taco TXD: D=R..
, 3 X=0=>y=-2
y'=4x"-4x=0< .
X=ftl=y=-3
—o0 -1 0 1 o0

0 + 0 0 +
+o0 -2 +o0
' \.‘3 / \f /

Tir bang bién thién, ham sb khdng c6 gia tri 16n nhat trén R .
b) Gi4 tri nho nhat caa ham sé trén R 13 —3.

Tir bang bién thién, gia tri cia ham sé trén R 1a —3.

c) Tap gia tri ciia ham s6 1a [-3;+0).

Tir bang bién thién, tap gia tri cua ham s6 13 [-3;+0).
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d) Trén doan [0;1], maxy = f (x,)=y,; miny= f (x; )=y, . Do dai AB -2,
Trén doan [0;1]

maxy=f (0)=-2; miny=f (1)=-3.Suy ra A(0;-2), B(%-3)

Khoang cach AB = J2.

Cau4: Chohamsd y:%x3+m2x—2m2 +2m—9 véi m la tham sb.

a) Khi m =1 thi gia tri nh nhat cua ham s6 trén [0;3]la —9.

b) Khi m =1 thi gia trj I6n nhat cia ham sé trén [0;3] 1 3.

¢) Khi m =21 thi tiép tuyén caa d6 thi c6 hé sb gc nho nhat bang 1.

d) Goi S latap tat ca cac gia tri nguyén ciia m sao cho gia trj I6n nhat cuia ham sé trén doan [0;3]

khong vuot qua 3. S6 phan tir cia S bang 3.
Loi gii
|a.D |b.D |c.D d.S |

a) Khi m =1 thi gia tri nho nhat cia ham so trén [0;3]1a —9.

Véi m=1thiy =%x3 +x=9; y'=x+1>0 véi vxeR nén ham s dong bién trén [0;3]
Gid tri nho nhat cua ham sé trén [0;3]: miny = f (0)=—9

b) Khi m =1 thi gia trj Ion nhat ctia ham sé trén [0;3] 12 3.

Véi m=1 thi y:%x3 +x-9; y'=x+1>0 véi vxeR nén ham s6 dong bién trén [0;3]
Gia trj 1on nhat cia ham s trén [0;3]: maxy = f (3)=3

¢) Khi m =1 thi tiép tuyén caa d6 thi c6 hé sb gc nhé nhat bang 1.

V6i m=1 thi y:%x3+x—9; y'=x*+1>1 Vi vxeR

Tiép tuyén caa do thi ham s6 ¢ hé sé goc nho nhat bang 1.

d) Goi s latap tat ca céc gia trj nguyén ciia M sao cho gia trj Ion nhat cua ham sé trén doan [0;3]
khong vuot qua 3. S6 phan tarcia S bang 3.

y'=x"+m’,xeR; y'>0,vxeR

Do d6 ham sb dong bién trén doan [0;3] = m[ax] y=y(3)=m’+2m
0;3

Theo bai yéu cau ta cd m?+2m <3< me[-311]

Vi M nguyén nén c6 5 gia tri nguyén ctia M théa man.
Cho ham s$ ¥ =VX+1+~v3-Xx

a) Gié tri nho nhat ciia ham sé bang 2.

Cau 5:

b) Gia tri 16n nhat cua ham sé dat dwoc tai x = —1.
¢) Goi M, m Ian luot 12 gia tri 1on nhat va gia tri nho nhit cia ham sé. Khi do M +m =442 .

d) Bat phuong trinh X+1+\/3—X—m20,VX€[—1;3] (m 1a tham s6) khi m e (—o0;2].

o 4\\“5 Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Loi giai
a. D | b.S c. S d. D

Xétham sé y =~/x+1++/3—x

Tép xac dinh D =[-1,3].

- 11
20x+1 243-x

y=0& ! L =0 VX+1=4/3-x < x=1,

2Jx+1 243—x

Bang bién thién

v + 0 -

Q/Zﬁ\z

a) Gia tri nho nhat caa ham sé bang 2.

Tur bang bién thién, suy ra {nllg]l y =2 khi Xx=-1,x=3.
b) Gia tri 16n nhat cua ham sb dat duoc tai x = —1.
Tir bang bién thién, ta co: max y = 242 khi x=1.

-1;3
¢) Goi M, m Ian luot 14 gia tri 1on nhat va gia tri nho nhit cia ham sb. Khi do M +m =442 .
Tir bang bién thién, ta c6: M +m = r[na>]( y+ {nlg]l y=2+242.

-1;3 -1

d) Bat phuong trinh VX+1++/3-Xx-m>0,Vx e [—1; 3] (m Ia tham s6) khi m e (—o0;2].
Taco: VX+1+43-x-m>0,¥xe[-1;3] & Vx+1+y3-x>m,Vxe[-1;3]
= {nli_g(\/x+1+\/3—x)2 m (1)
Xétham s6 y =~/x+1++/3—x
Tép xéac dinh D =[-1;3].

- 11
20x+1 243-x

y=0& ! L =0 VX+1=4/3-x < x=1,

2x+1 243—x

Bang bién thién
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x | -1 1 3

Duya vao bang bién thién, (1) < m<2.

— _(v2 _ X

Cau6: Chohamsé ¥~ f (X)_(X 3x+1).e
a) Gia tri l6n nhat caa ham s6 y = f (x) trén doan [1;4] la 5¢".

b) Gia tri nho nhét ciia ham s6 y = f (x) trén doan [1;4] la —e.

c) Gia trj 16n nhat va nho nhat ciia ham s6 y = f (x) trén doan [3;5] lan luot 1a €;11e°.

d) Gia tri I6n nhat va nhé nhét cua ham s y = f (x) trén doan [—2;0] lan luot la 1—21;1.
e
Loi gidi
[a.D b.S [c.S [ d.S

a) Gia trj I6n nhét caa ham s y = f (x) trén doan [1;4] la 5e*.

Taco: y'= (X2 —X—2).eX .

=0 (X -x-2)e =0 X ~X-2=0 < x=-1¢[1;4], hoic x=2<[1;4].
Lai cO: y(1)=—e, y(2)=—€, y(4)=>5¢".

Vay gid trj I6n nhit cita ham s6 Y = (X° ~3x+1).€* trén doan [1;4] l1a 5"

b) Gia trj nho nhét ciia ham s y = f (x) trén doan [1;4] la —e.

Taco: y'= (X2 —X—2).eX .

=0 (X' -x-2)e =0 X -X-2=0 < x=-1¢[1;4], hoic x=2e[1;4].
Lai co: y(1)=—e, y(2)=—¢*, y(4)=>5e".

Viy gid tri nho nhét cua ham s6 y =(X* —3x+1)." trén doan [1;4] 1a —€".

c) Gia trj 16n nhét va nho nhat ciia ham s6 y = f (x) trén doan [3;5] lan luot 1a €;11e°.

H 6\3 Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Taco: y'= (X2 —x—2).eX .

y'=0 < x=-1¢[3;5], hodc x=2¢(3;5].

Laico:y(3)=¢e®, y(5)=11€°.

Vay gia tri I6n nhat va nhé nhat caa ham sé Yy = (X2 —3X +1).eX trén doan [3;5] lan luot la 11€°va €’

d) Gié trj 16n nhat va nho nhat ciia ham s y = f (x) trén doan [—2;0] lan luot Ia 1—21;1.
e

Taco: ¥'=(x"-x-2)e".
y'=0 < x=-1e[-2;0], hoac x=2¢[-2;0].

Laico:y(-2)=11e?, y(-1)=5e", y(0)=1.

Vay gi4 tri 16n nhat va nho nhat cua ham sé Y = (X2 - 3X +1).eX trén doan [—2;0] lan luot 12 Svai,
e

Cau7: Chohamsé y=f(x)=2x"-3x*+m.
a) Khi m=2 thi max f (x) datduoc tai x=0.
[0:2]

b) Khi m=2 thi r[gizr]l f(x)=1.

c) Khi m>1, néu min f (x)+max f(x)=9 thi m=3.
[0:2] [0:2]

) Kni m>1, néu 2min f (X)\—Br[rg;a;]( (X)|=-20 thi m=2.

Léi giai

EE [b.D | c. D d.S
a) Khi m=2 thi max f (x) dat duoc tai x=0.
[0:2]

+ f'(x):6x2—6x:04:{§_1

+ Bang bién thién:

x 0 1 2

f’(x) 0 - 0 +

f(x) m m+4
\ . /
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Nhin vao bang bién thién ta thay khi m =2 thi max f (x)=6 dat duoc tai x =2.
b) Khi m=2 thi I’[HIZI’]] f(x)=1.
Nhin vao bang bién thién ta thay khi m =2 thi r[gizr]] f(x)=1=f ().

¢) Khi m>1, néu r[mr]1 f(x)+max f(x)=9 thi m=3.

[0:2]

Khi m>1 thi: min f (x)=m-1 max f (x)=m+4.
[0:2] [0;2]

Taco: min f (x)+max f(x)=9< m-1+m+4=9< m=3 (thoa man dicu kién).
[0:2] [0:2]

) Kni m>1, néu 2min f (X)\—3r[g;a2>]< f(x)|=-20 thi m=2.

Khi m>1thi m=1>0, suyra: 0<m-1<m<m-+4.

Suy ra: I[Tg;iz?‘f(X)‘z‘m—l‘:m—l; r[rga2>]< f(x)‘:\m+4\:m+4.

Taco: Z[Enzi]n‘f(x)‘—?)r[rga%( f(x)‘=—20<:>2(m—1)—3(m+4):—20<:>m:6 (thoa mén didu
kicn).
— _y2 _
Cau8: Chohamsé Y~ F(x)=x"~2x+m+5.
a) Khi m=0 thi [rpllgl] f (x) dat duoc tai x =1.

b) Khi m=0 thi max f (x)=8.
[-53]

¢) Khi m> 2, néu min f (x)+max f(x)=22 thi m=7.

[-13] [-13]

d) Cé 5 gid tri nguyén cua me( ~20; 13 de mln‘f +E1161§ f(X)‘>—6-

Léi giai

[a.D [ b.S [c.S | d.S
a) Khi m=o0 thi min f (x) dat duoc tai x =1.
[-3]

+f'(x)=2x-2=0&x=1.

+ Bang bién thién:

c 8\3 Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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x -1 1 3

/(%) } 0 B

f(x) m+13 m+8
\ m+1 /

Nhin vao bang bién thién ta thay khi m =0 thi [m1|£1] f (x) dat duoc tai x =1.
b) Khi m =0 thi max f (x)=8.

[-1:3]
Nhin vao bang bién thién ta thay khi m =0 thi ma f(x)=13=f(-1).
c) Khi m>2, néu min f (x)+max f(x)=22 thi m=7.
(-3 [-13]

Khi m>2 thi: min f (x)=m+1 max f (x)=m+13.
[-13] [-13]

Taco: min f(x)+m1a§ f (X)=22 < m+1+m+13=22 < m=4 (thoa man diéu kién).

d) C6 5 gia tri nguyén cia M€ (-20;-13) dé [ml";]‘f(x) +F_11% f(X)‘ > 6.

Khi Me(-20;-13) thi m+13<0, suy ra: m+1<m+8<m+13<O0.
713

Suy ra: [mllg‘f( ‘ Im+13|=-m—13; max |f (x )‘ Im+1=-

Ta co:

min f(x)‘+max f(x)‘>—6<:>—m—13—m—1>—6<:> m< —4.

[-13] [-13]
Ta co:
me (—oo; —4)
m e (—20;-13) me[-19; -14]
e(-20;-13)= = = m e {-19;-18;-17;-16;-15;-14}.
meZ meZ meZ

Vay c6 6 gia tri nguyén cua me(—ZO; —13) e [r_nllgl]‘f "‘m% f( )‘ >—6.

Cau9: Chohamsé y= f (x)=2x*—3x?+m véi thams6 m.

a. V&I m=-3 thi I[ﬂli_Hy:—S khi x=-1.

b. V&i m=-3 thi maxy_—3 khi x=1.

[-11]
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¢. Véi moi gia tri caa m thi max f (x)—min f (x)=5.
e [-11]
d. 4max f (x)+3min f (x)=-1 khi m=2.
1 [-11]

(-21]

Loi giai

a. D |b.S c. b d. b

a. Voi m=-3 thi r[711ilr]1y=—8 khi x =—-1.

y=f(x)=2x>-3x*-3

x=0e[-11]
x=1e[-11]
Taco f(0)=-3; f(-1)=-8; f(1)=—4

>y =6x-6x=0c

Nén miny=-8 khi x=—-1.
[-11]

b. V6i m=-3 thi r[n?ﬁ(y:—3 khi x =1.

Nén miny=-3 khi x=0.
[-11]

¢. Vi moi gia tri caa m thi max f (x)—min f (x)=5.
[-11] RE)
y=f(x)=2x>-3x*+m

, x=0e[-11]
=Yy =6x"-6x=0&

x=1e[-11]
f(0)=m; f(-1)=m-5; f(1)=m-1.

Nén max f (x)=f (0)=m; r[pli;{]lf(x)zm—S nén rpgﬁ(f(x)—r[pli;lr]]f(x)=5

d. 4max f (x)+3min f (x)=—1 khi m=2.

(1] [-11]
Nén r[rjlaf]( f(x)=f(0)=m; r[leI{]] f (x)=m-5 nén

4m%x f (x)+3r[[11i;lr]1 f(x)=4m+3(m-5)=-1<m=2.

[-%

Cau 10: Chohamsé y= f (x)= mx+1+i3 véi tham sé m.
X_

a. V6i m=1 thi max f (x)=0 khi x=1.

[-21]

b. Véi m=1 thi min f (x)=—= khi x=0.
[0:2] 3

ye T3 .
o 1??“ Thay Ho Thurc Thudn - But Pha Dé Thanh Cong!
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c. V&i m <0 thi min f(x):—l.
(-2:0] 3

d. Véi moi m<0 thi max f (x)+min f (x)<O0.
[-2:0

[-20] 0]
Loi giai
a.b |b.S ‘c.}) d.S
a. V6i m=1 thi maxf(x)=0 khi x=1.
[-11]
v . b x=1€[0;2]
| = = = = =1— =
olm=1 =y (X) X+ +X— y ( _3)2 X=5€[0;2]
1
f(0)=—5 (=0 f(2)=-1
Nén max f (x)=0 khi x=1.
[-21]
b. Véi m=1 thi min f (x)=—= khi x=0.
[0:2] 3
1
f(O):—g; f(1)=0; f(2)=-1
Nén min f (x)=-1khi x=2.
[0:2]
- . 1
¢. Véi m<o0 thi min f (x)=-=.
[-2:0] 3
4
—f(x)= 14—
y="f(x)=mx+ +x—3
y'=m—( 4 % <0 V6i m <0 nén ham s6 nghich bién trén [—2;0]
X—3
2<0= 1(-2)> 1(0) =min f (x)- f(O):—%.
d. Vé&i moi m <0 thi max f (x)+min f (x)<0.
[-20] [-2:0]
y’=m—( 4 ¥ <0 V6i m <0 nén ham sé nghich bién trén [—2;0]
X—3
—2<0= 1(-2)> £ (0) = min f( ):f(o):_%.
1
f(x)=f(-2)=-2m+1 ——2m+=
:>r[p2§g]< (x)=f(-2) m-+1+—— m+5



Céu 11:
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max f (x)+min f (x):—2m+l—l:—2m—£<0 om >—i.
[-2:0] [-2:0] 5 3 15 15

Cho ham sb y = f (x) = x® —3x+m. Xét tinh dung, sai ciia c&c ménh dé sau:
a) Voi m =3, gia trj 1on nhat cia ham s trén [-2;1] 1a 5.

b) V&i m =1, téng gi4 tri 16n nhat, nho nhat caa ham s y = f (sinx) bang 0
c) C6 hai gia trj thuc ciia tham s6 m dé gia trj 16n nhat y = | (x)| trén [-1;3] bang 8.

d) Khi m=m, thi gid tri I6n nhat ciia ham s6 y = | (x)| trén [-1;3] dat nho nhat, my e (-1 4).

Loi giai
‘a.}) ‘b.S ‘c.}) ‘d.S ‘
Taco: y' = f'(x)=3x*-3
Bang bién thién cia ham s6 nhu sau:
X —0 —1 1 +o0
A4 + 0 - 0+
m+2 400
y=f(x) \ /
m-—2
—0o0

a. V6i m=3, gid tri l6n nhat cua ham s6 trén [-2;1] 13 5.

Tir bang bién thién, ta thay: max f(X)=f(-D)=m+2

Véi m=3,taco mex f(x) =3+2=5. Vay ménh dé a) ding.

b. V&i m =1, tong gié tri I6n nhat, nho nhat cua ham s6 Y = f(SinX) bang 0

bt t =sinx, te[-11]

= max f(sinx):r[rj%)]( f=Ff(D)=m+2

= min f(sinx) = E[lllﬂ f)=f@Q)=m-2

Suy ra max f (sinx)+min f (sin x) =2m

V6i m=1, taco: max f(sinx)+min f (sinx) =2. Vay ménh dé b) sai.

c. C6 hai gid tri thyc cua tham sé m dé gia trj lon nhat y =|f (x)| trén [—1;3] bang 8.

Ta co: r[[]f\g](| f (x)|=max{| f (-1), f ), f (3)]} = max{|m—2],|m+18]}

Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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TH1: [m-2|<|m+18 < m=>-8

Khi do: r[r_133>]<|f(x)|:max{|m—2|,|m+18|}=|m+18|:m+18
Theo gia thiét, ta co: r[p%| f(x)|=m+18=8< m=-10 (tm)

TH2: |m—2|>|m+18 <> m<-8

Khi do: r[g33>]<|f(x)|=max{|m—2|,|m+18|}=|m—2|=2—m

Theo gia thiét: r[pgg](|f(x)|:8<:>2—m=8<:> m=—6 (t/m)

Vay c6 hai gia tri caa tham sé m dé r[nlag]<| f (x)|=8. Ménh d¢ c) dung.

d.Khi m=m, thi gia tri I6n nhat cua ham s6 y =|f (x)| trén [~1;3] dat nho nhat, m, e (-1 4).

Ta co: r[gsg](|f(x)| =max {| f (1), f @), f (3)|} = max {jm—2|,|m+18]}

o r[[1513>1<|f(x)|:max{|m—2|,|m+18|}2|m—2|

Khi do:
r[rjfl3>]<|f(x)|:max{|m—2|,|m+18|}2|m+18|

2.[[111;53]1X|f(x)|2|m—2|+|m+18|2|2—m+m+18|=20 hay r[[lgg](|f(x)|210

Déu “="xay ra khi va chi khi 2-m=m+18 < m=-8

Vay v6i m=—g thi gid tri I6n nhat cua ham s6 y =|f (x)| trén [~1;3] dat nho nhat. Ménh dé d) sai.

Cau 12: Chohamsé Yy = f(X) lién tuc va c6 dao ham trén R, d6 thi caa ham sé Y = f (X) nhu hinh v& sau:

Xét tinh dung, sai ctia Cac ménh d¢é sau:

a) r[r11|3]n f(x)="f(1).
b) Z[Egi]n f(x)+rB%?< f(x)=7.

c) Pat g(x) = (x)- J2x - /8- 2x mlng(x)>0.

S ST
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d) Pt h(x)=f(x*-X’+x+2)+3m, m Ia tham sb. Gia trj nho nhit cua biéu thuc

p— 2 1 J— “‘ —_
S=m +3.rm}xh(x)+4.r{r3w h(x) —3m bang —62.

Léi gidi

EB [b.D c. S d.p

a. r[rlus? f(x)="f(1).
Tir d6 thi ham s, ta thy r[rlw_is]n f(x) = f (2)=1. Vay ménh d¢ a) sai.
b. 2[[)r;13|]n f(x)+r[r(1);a3?< f(x)=7.

Tir d6 thi ham s9, ta thiy min £ (x) = f (2)=1, max f(x) = f(0)=f(3)=5

Suy ra: 2[[{135n f(x)+ rBaﬁ( f (x)=7.Vay m¢nh de b) dung.

c. bat g(x) = f(x ) J2x — /8- 2x mlng(x)>0
Tir dd thi ham s, ta thay: f(x)=1,vxe[0;4]. DAu “=" xay ra khi va chi khi x=2. (1)

Pat U=+/2X ++/8-2x, xe[0;4]
= (V2x +B-2x) <2(2x+8-2x)=16 —0<u=4, vx<[04]

DAu “=" xay ra khi va chi khi 2x=8—2x <> x=2.

Hay V2x +4/8-2x <4, ¥x€[0;4] (2)

Tir (1) va (2), suy ra 9(x) = f (X)—2x—/8-2x 21-4=-3, ¥x €[0;4]

Déu “=" xay ra khi va chi khi x =2

Vay I’[T(}LI? g(x) =—3. Ménh d c) sai.

d) Pt h(x)=f(x*-x"+x+2)+3m, m la tham sé. Gia trj nho nhit cua biéu thuc
S=m?’ +3.r{3§}]x h(x) +4.r[r(1);il? h(x)—3m bang —62.

bat t =x*—x*+x+2, xe[0;1]

Tacl: t'=3x*-2x+1>0 vx e[0;1]

— Hams6 t=x"—X"+X+2 ddng bién trén [0;1] =t e[23]

c 123 Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Khi do: rggil? h(x)=f(2)+3m=1+3m

maxh(x) = f (3)+3m=5+3m

[0:1]
Suy ra:

S=m? +3.r{(13]x h(x)+4.r[rg_i1? h(x) —3m=m?+3.(5+3m)+4.(1+3m)—3m=m?* +18m+19

=S =(m+9)" ~62>-62, Yme R . Vay ménh dé d) ding.

Cau 13: Chohamsé y = f (x)=x? —4mx+m? +2024 Véi MIa tham sb.

a) Khi m=1 thi max f (x) dat dugc tai x=2.
3]
b) Khi m=—1 thi min f (x)=2025.
[0:2]

c) Véi m 1a s6 nguyén duong, dit T = Enziﬂ f(x)+ mex f (x). Giatri nho nhat cua T 1a 4051.
-2, 2,1

d) Goi s latap tit ca cac gia tri nguyén cia tham sé m dé ham sé f (x) ton tai gia tri nho nhat trén
khoang (12;2024). Tong tat ca cac gia tri cia M bing 511036.

Lo gii
EB |b.D |c.D EE

a) Khi m=1 thi max f (x) dat duoc tai x=2.
[1:3]

Khi m=1thi y= f (x)=x*—-4x+2025.

Xéthamso y = f (X)=x* —4x+2025 xac dinh va lién tuc trén doan [1;3].

Taco: f'(x)=2x-4 Vva f'(x)=0<=2x-4=0<=x=2.

Khi d6: f (1)=2022; f (2)=2021; f (3)=2022.

Suy ra n[wg]x f(x)=f(1)=f(3)=2022.

Hay ham sé f (x) dat giatri lon nhét trén doan [1;3] tai X=Lx=3.

b) Khi m=—1 thi r[rollzr]1 f (X) =2025.

Khi m=-1thi y=f(x)=x*+4x+2025.

Xét ham s y = f (x)=x*+4x+2025 xéac dinh va lién tuc trén doan [0; 2] .

Tach: f'(x)=2x+4Vva f'(x)=0<2x+4=0< x=-2.

Khi dé: f (0)=2025; f (2)=2037.

Suy ra r[r01|2r]1 f (x)=2025.

¢) V6i m 1a s nguyén duong, dat T = I[‘l_’lzi;[]l f(x)+ r[[\% f (x). Giatri nho nhitcia T 12 4051.
Xét ham sb y = f (x) =x*—4mx+m?+ 2024 xac dinh va lién tyc trén doan [-2;1].

Tach: f'(x)=2x—4m Va f'(x)=0<2x-4m=0<x=2m=2 (Vi M 1a s6 nguyén duong).
Khi do: f (—2)=m*+8m+2028; f (1)=m?—4m+2025.
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SuyraT = Epziﬂ f (x)+r[n§11>]( f (x)=m*+8m+2028+m? —4m+ 2025 = 2m” + 4m+ 4053

Hay T >4059,Vm e Z". Dau “=" xay ra khi va chi khi m=1.

Vay gia tri nho nhat cia T 14 4059 .

d) Goi S latap tat ca cac gia tri nguyén cua tham so6 m dé ham sé f (x) ton tai gia tri nh nhét trén
khoang (12;2024). Téng tat ca cac gia trj cia m bang 511036.

Xétham sd y = f (x) = x? —4mx +m? + 2024 trén R.

Tact: f'(x)=2x—4m Va f'(x)=0<2x-4m=0<> x=2m.

Bang bién thién:

T —o0 2m +oo
f'(x) - 0 +
+o0 _ —+o00
£(@) T ( )/
f(2m

Déham so f (x) ton tai gid tri nho nhat trén khoang (12;2024) thi
12<2m <2024 << 6<m<1012.
MameZ=me {7:8,9;...;1011} .

(7+1011)-1005
= 511545,

Tong tat ca cac giatricua m 13 7+8+9+...+1011=

Cau 14: Chohamsd y = f (x)= x> —6mx? +m? +2025 V6i M la tham so.

a) Khi m=2 thi max f (x) dat dugc tai x=0.
[-31]
b) Khi m=—1 thi min f (x)= 2058,
[-4:2]

c) V6i M 1a s6 nguyén am, dat T = min f (x)+max f (x). Gia tri nho nhat ciia T 12 4084 .
-3,-1 -3;-1
d) Goi s la tap tat ca gid tri cua tham sé m dé ham sé f (x) ton tai gia tri I6n nhat trén khoang
(—24;-2). Biét S = (a;b), véi &, beR;a<b. Giatri cua biéu thirc T = 2024b — 2025a =11138
Loi giai
[a.D | b.S |c.D |d.D

a) Khi m=2 thi max f (x) dat duoc tai x=0.
[-31]
Khi m=2 thi y=f (x)=x*-12x*+2029.
Xét ham s y = f (x)=x>—-12x*+2029 xac dinh va lién tyuc trén doan [-3;1].
. L., 5 x=0
Taco: f'(x)=3x*-24x va f'(x)=0=3x"-24x=0< c_g’
Khi do: f (-3)=1894; f (1)=2018; f (0)=2029.
Suy ra rp?l)]( f(x)=f(0)=2029.
Hay ham sb f (x) dat gia trj 1on nhat trén doan [-3;1] tai x =0.
b) Khi m=—1 thi min f (x)=2058.
[-4:2]

o 1_\8“\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Khi m=-1thi y=f(x)=x*+6x*+2026.
Xéthamsd y = f (x)=x>+6x>+2026 xdc dinh va lién tyc trén doan [—4;2].

. s g ) x=0
Taco: f'(x)=3x*+12x va f'(x)=0=3x"+12x=0 < 4

X=-—
Khi d6: f (—4)=2058; f (2)=2058; f (0)=2026.
Suy ra {ng f(x)=f(0)=2026.
¢) V&i m 1asé nguyén am, dit T = [rrslin] f (x)+[max] f (x). Gia tri nho nhat cua T 1a 4084 .
-3;-1 —-3;-1

Xét ham sb y = f (x)=x>—6mx*+m?*+2025 xic dinh va lién tyc trén doan [-3;-1].
x=0

(Vi meZ").
Xx=4m< -4

Taco: f'(x)=3x*-12mx va f’(x):0<:>3x2—12mx:0©{

Khi d6: f(-3)=m?-54m+1998; f (—1) =m? —6m+2024.
SuyraT = [[r;_[rll] f (x)+[rr;a>l<] f (x) =m? —54m+1998+m* —6m+ 2024 = 2m* —60m + 4022

Hay T >4084,Vm e Z . Dau “=" xay ra khi va chi khi m=—1.

Vay gié tri nho nhat caa T 12 4084 .

d) Goi s la tap tat ca gid tri cua tham sé m dé ham sé f (x) ton tai gia tri I6n nhat trén khoang
(—24;-2). Biét s =(a;b), véi a,beR;a<b. Giatrj cua biéu thuc T = 2024b—2025a =11138.
Xéthamsd y = f (x)=x>—6mx* +m?+2025 trén R.

Taco: f'(x)=3x*-12mx va f'(x)=0< 3x’ —12mx:0<:{§i2m .

Truong hep 1: m=0.Khidé f'(x)=3x?>0,vxeR hay hamsé f (x) dong bién trén R nén ham
so f (x) khong co gia trj I6n nhat trén khoang (—24;-2).

Trwong hep 2: m>o0.
Bang bién thién:

@ —oc 0 4m +oo
F(x) + 0 - 0 +
o) _ . +oo
f(z) — T -
—0o f(4m)

Dya vao bang bién thién ta thay, ham s6 f (x) dong bién trén khoang (—24;—2) nén ham sé f (x)
khéng co gia tri I6n nhat trén khoang (—24;-2).

Trwong hep 3: m<o0.
Bang bién thién:

T — 00 am 0 +0oo
F(x) + 0 - 0 +
f(am) . , to©
f(z) — T -
—oc T f0) T
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1
—24<4m<—2<:>—6<m<—§.

ce e X 1 a 1
So vai dieu Kién m <0 ta duogc —6<m<—E.

Suyra a=-6;b= _% nén T = 2024b — 20252 = 2024-(-%)- 2025-(-6)=11138.

Cau 15: Cho ham sb: y = f (x) xdc dinh va lién tyc trén khoang (-3;2), lim f(x)=-5, lim f(x)= 3vaco

x—>(-3) X—2

bang bién thién nhu sau

Khang dinh dudi ddy dung hay sai?

a) Gia trj 16n nhat ciia ham s6 trén (—3;2) bang 0 .

b) Gia tr nho nhat ctia ham sé trén (—1;2) bang 2.

c) C6 1 gia tri nguyén cuia tham s6 M thudc [—5;5] dé bat phuong trinh f (x) >m luén ding véi

moi x e (-3;2).

d) Gia tri nho nhat caa ham sé y = f (x2 +1) trén (—11) bang —2.
Loi giai

a) Sai

b) Pung

c) Sai

Bat phuong trinh f (x)>m ludn dung véi moi x e (-3;2) < m<-5.

meZ,me[-5,5]= me{-5}.

d) bung

Taco Y =2x.f '(x2 +1)

x=0
Trén (-11)= Y' =0 | x* +1=-1<x=0 (bgi 1¢)
x> +1=1
Bang bién thién
/ 13“3 Thay Hé Thirc Thudn - Birt Phd Pé Thanh Cong!
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z | —1 0 1

Yy — 0 +

I

Gia tr nho nhét cua ham sé bang y(0) = f (1) =—2.

r _— 3 J— 1
Cho ham sé f(X) =X =3X 4 45 thi (C)
Khing dinh dudi ddy ding hay sai?

a) Bang bién thién caa ham s6

X — oo -1 1 + oo

b) Gia trj Ion nhat cua ham sé trén [—1; 2] bang 2
€) V&i m e[—1;+00) thi trén [1;+c0) phuong trinh f (x)=m c6 2 nghiém tréi dau.
d) Gia trj lon nhat cuaa ham s6 y = £2(x)—4f (x) trén [-2;1] bang —4.

Léi giai

[a.D b. D c.S d. S

=y =2

c) Sai

Trén [-1;+o0) phuong trinh f (x)=m €0 2 nghi¢m trai diu < 2<m<2

d) Sai
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, x==x1
Trén [-2;2] = y' = F(x)=0 -
22|y =0& & x=-1

f(x)=2

x=a (ae(L++x))=L
Taco y(-1)= £2(~1)—4f (-1)=—4y(1) = F2(1)—4f (1) =12, y(-2) = £2(-2)—4f (-2)=12

=maxy=12.
(2]

Cau17: Chohamsé f(x)=(m’—6m)x*+(2m-1)x"+2m°~1 vsi m Ia tham s§
a) Khi m=6 thi ijnf(x)=431.
b) Khi m=0 thi mﬂgxf(x):l.
¢) Khi m <0 hoic m > 6 thi ham sb c6 gia tri nho nhat.
d) Khi m e (1;3) thi ham s6 khdng c6 gia trj nho nht.

Loi giai

|a.D | b.S c.b d.b

a) Khi m=6 thi min f (x)=431,
R
Khi m=6,taco f(x)=11x*+431>431vxeR; du“="xay rakhi x=0.
Do d6 min f (x)=431,
R
b) Khi m=0 thi max f (x)=1.
R
Khi m=0,tacé f(x):—xz—lg—l,VxER;déu“z”xéyrakhi Xx=0.
Do d6 max f (x)=-1.
R
¢) Khi m<0 hoic m> 6 ham s ¢ gia tri nho nhit.
Khi m <0 hoac m> 6 thi m?—6m >0

Taco f(x) lahambéc 4 trung phuong c6 h¢ sé a>0 nén f (x) co dd thi 1 trong 2 dang

Y|

28“\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Tir d thi ta thiy, ham s f (x) c6 gid tri nho nhat.

d) Khi m e (1;3) thi ham sé khong c6 gia trj nho nhat.

Khi me(1,3) thi m*—6m=m(m-6)<0

Taco lim f(x)=lim f(x)=-o, suy raham so khong c6 gié trj nho nhat.

Cau 18: Chohamsé y= 1‘(x)=x+—m+6 v6i m 1a tham sé
X—m

a) Khi m =1 thi r[r;%?(yﬂ[];lg?y:m.

b) Khi m=o0 thi r[r;;!s]nyzz.

c) Khi m<-3 va rH%]xy>O thi —-9<m<-3.
d) Khi m>-3 va I’H%]Xy>0 thi -7 <m<1.

Léi giai

‘a.D b.S c.D d.S

a) Khi m =1 thi rgaﬁ( y+rE;;|3? y=14.

Khi m =1 thi y:XLZ cO tap xac dinh Ia D=R\{1} va [2;3]< D nén
X_
maxy+miny=y(2)+y(3)=9+5=14.

23 ° (23]

b) Khi m=o0 thi r[rl1;|3]ny=2.
. . X+6 .., .. \ X
Khi m=0thi y=—— cotipxdcdinhla D=R\{0} va [1,3]=D.
X

Taco y':—%<0,Vx¢0.Khid() r[r}is?yzy(B)zs.
X ;
c) Khi m<-3 va rH%]xy>O thi - 9<m<-3.

Tacé:y’:%.

Khi m<-3 thi -2m-6>0.
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{m<1 o1
me|1;3 <
Khidérﬂg]xy>0<:>{f(3g g@ m>3 <:>|:m>3 e -9<m<l.
; >
9.0  |-9<m<3
3-m
Déi chiéu voi m< -3, ta dugt -9 <m <-3.
d)Khim>—3vérﬂ%xy>0th‘|—7<m<1.
Ta co: y':—_zm_f .
(x=m)
Khi m>-3 thi -2m—-6<0.
{m<1 o1
me(l3 <
Khi d6 maxy>0< [ ]c> m>3 <:>[m>3 <o -7<m<1.
[1:3] f(1)>0 m+7
—>0 -7<mx<1
1-m

Déi chiéu v6i m> -3, ta duoC —3<m <1.

X+m+6

Cau 19: Chohamsb y= (M 14 tham sd).

a) Khi m =3 gié tri nho nhat ciia ham s trén doan [l; 2} dat tai x =2.
b) Khi M=3 thi max f (x)=-5.
[12]

i M=3thi i —_
c) Khi m=3 thi rﬂg]xf(x)u[nl;lz?f(x)_ 2.

d) C6 hai gia trj thyc cua tham s6 m dé ham s6 ¢6 gié tri nho nhat trén doan [-1;1] bang m?.
Loi gidi
|a.D b. D [c.S EE

a) Khi m =3 gié tri nho nhat cuia ham s trén doan [l‘ 2} 1a 3.

Tap xéc dinh D =R\ {m}.

X—m (x—m)

Khi m=3taco y’=i22<0,VXG[1;2]
(x-3)

Gi4 tri nho nhat caa ham s trén doan [l‘ 2] dat tai x =2.

e T3 .
& Z\ZR Thay Ho Thurc Thudn - But Pha Dé Thanh Cong!



PANG Ki KHOA HQC LIVESTREAM — CHINH PHUC PIEM 8, 9, 10 MON TOAN!
b) Khi m=3 thi max f (x)=-5.
[12]

Khi m=3 taco y=X—+9,y’: —12

x=3"" " (x-3)

<O,VXE[1; 2] nén rHazl]x f(x)="f(1)=-5.

2

i m=3 thi i __
c) Khi m=3 thi ng]xf(x)H[nl;lz?f(x)_ 2.

Khi me[12] taco y = 2" khong déi du trén [1,2]
(x—m)
) m+7 m+8 -2m?-12m+22
f f =f(1)+f(2)= =
rBaZl]X (x)+r[r11|2? (X) ()+ ( ) 1—m+2—m (1—m)(2—m)
, ) —2m? —12m+ 22 _
Do do ng])(f(x)+rE|2?f(x):—2<: —m)(2-m) =-2,meg {12}

<:>—18m+26:0<:>m=E

d) C6 hai gia trj thyc cua tham s6 m dé ham s6 ¢6 gié tri nho nhat trén doan [-1;1] bang m’.
Tép xac dinh D =R\ {m}.
Dé ham s6 ¢6 gia trj lon nhat trén [1; 3] thi me[1; 3].
, —2m-—6
Y=
(x—m)
Trwong hgp 11 2m-6>0<m<-3.

. m+9
Khi d6 max y=y(3)= .
Xe[1:3]y y( ) 3—m

m+9

Dé gié tri 16n nhat trén doan [1;3] la s6 duong thi 3 >0 m+9>0< m>-9.

Vay cac sé nguyén m thoala -8, -7, -6, -5, —4.
Trwong hep 2: -2m—-6<0< m>-3.

) m+7
Khi d6 max y=y(1)= )
Xe[1:3]y y( ) 1-m

m+7

Dé gié tri 16n nhat trén doan [1;3] la s6 duong thi >0<1-m>0<m<l.

Vay céc s6 nguyén m thoa mén la -2, -1, 0.
Truong hop 3: 2m-6=0< m=-3.

Khid6 y=1. Nén max y=1.

xe[1; 3]
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Vay m=-3 théa.

Két luan: c6 9 s6 nguyén m théa man yéu cau bai toan.

2X+m
x—1

Cau 20: Chohamsd y= xéc dinh va lién tyc trén doan [2;3].
a) Khi m=—3 thi gia tri I6n nhét cua ham s6 trén doan [2;3] bang g

i =2 i = i =
b) Khi m thi rEaﬁ( f(x) r[TZI;I3r]] f(x)=2.

¢) Ham sé dat gié tri nho nhat tai x =2 khi m> —2.

d) Tong tat ca céc gia tri thuc caa tham s6 m dé max f(x)— r[glgrf f(x)=2 la a.

Loi giai

|a.D |b.D EE d.S

a) Khi m =3 thi gia trj I6n nhat ciia ham s6 trén doan [2;3] bang g

5 2X+m .. 2x—-3 , 1
Thay m=-3 vao y= ,fach y=—"—"-—=y'= -
x-1 x-1 (x—l)

A 3., .
Vay r[r;a%( f(x)_E tal x=3.
i =2 i = i =
b) Khi m thi r{;eg( f(x) r[Tzl;l3r]] f(x)=2.
2x—2_2(x—1)_2

2X+m .
,taco: Y= =c.
X—1 y x-1 x-1

Vay r{gag( f(x)= r[glg? f(x)=2.

Thay m=-2 vao y=

¢) Ham sé dat gia tri nho nhat tai x =2 khi m > —2.

_2X+m . —2-m

f—
x-1 T (x-1)

M 0 2-m>0em<-2,

(x-1)°

Ham s6 dat gié tri nho nhat tai x =2 khivachikhi y'>0<

d) Tong tat ca cac gia tri thuc cua tham s6 m dé max f(x)— r[gls? f(x)=2 la a.

Khi m=-2 thi rEaﬁ( f(x) =r[rz1|3r]1 f (X) =2 = m=-2 khdng thoa.

Khi m = —2 thi

m=2
m=-6

6+m m+2

4+m-—

r[r;asﬁ( f(X)—I‘[T;;ISIi] f(x)=2<

:2<:>|m+2|:4<:{

-2

Viy tong tat ca cac gia tri cua tham sb m dé max f(x)- r[glgrf f(x)=2 1a 2+(-6)=—4.

c 223 Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Cau 21: Chohamsd y= f(X) lién tuc trén R va c6 d6 thi nhu hinh dudi.

a) Gia trj l6n nhat cuaham s6 Y = f(X) trén doan [-2;1] 12 3.

b) Tong cua gié tri I6n nhat va gié tri nho nhat cuaa ham s Y = f(X) trén doan [-2;1] bang o.

c) Tat c gia tri thyc ctia tham s6 M d¢ bt phuong trinh f(X) > M c6 nghiém x e[-2;1] 1a m<-2.
d) Tong cua gid tri I6n nhat va gia tri nho nhét cua ham sé Y = f(X+1) trén doan [-1;0] bang 4.

Léi giai

‘a.}) ‘b.S ‘c.}) ‘d.S

a) Gia trj I6n nhat cua ham s6 Y = f(X) trén doan [-2;1] 12 3.
Dua vao db thi caa ham sé y = f(X), ta cé: max f(x)=3 tai x=1.

b) Tong cua gid tri l6n nhat va gia tri nho nhat cia ham sé Y = f(X) trén doan [-2;1] bang o.
Duya vao do thi caa ham sé Y = f(X), ta co: max f(x)=3 tai x=1va Enzi-[]l f(x)=-2 tai x=—-2.
V4y tong cua gia tri 1on nhat va gia tri nho nhat cua ham s6 Y = f(X) trén doan [-2;1] Ia:
3+(-2)=1.

c) Tat ca gia tri thyc cia tham s6 m dé bat phuong trinh f(X)>m c6 nghiégm x e[-2;1] 1a m< -2,
f(X)>m c6 nghiém x e[-2;1] khi va chi khi Enzi-[]] f(X)>me -2>mem<-2.

d) Tong cua gid tri I6n nhat va gia tri nho nhét cua ham sé Yy = f(X+1) trén doan [—1;0] bang 4.
bit t=x+1. VI xe[-10]=1t<[0;1]
Gid tri 16n nhat va gié tri nho nhat cuaa ham sé Y = f(X+1) trén doan [—1;0] lan lugt la gid trj l6n
nhét va gia tri nho nhat ciia ham s6 Y = f(t) trén doan [0;1]

Duya vao db thi cua ham sé, ta co: max f(t)=3 tai x=1va r[rg_il? f(t)=0 tai x=0.
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Tong cua gid tri I6n nhét va gia tri nho nhat cua ham s6 Y = f(X+1) trén doan [—1;0] béing

3+0=3.
Cau 22: Cho dd thi ham s6. Ham sd dat .................c..coooen,

(0] 1 3 z
A. Gia tri I6n nhét 1a 7 trén [0;+0)
B. Gia trj nho nhat 12 3 trén [0;+0)
C. Giatrj l6n nhat 1 4 trén [0;1]
D. Gia tri nho nhat 1a 3 trén [0;3]
Loi giai
a.S |b.D |c.D d.S

Cau 23: Cho bang bién thién cua ham s6. Ham sd dat ..............cooeeveeeiiiii.

et

A. Gié tri nho nhat I ‘737 trén [0;9]
B. Gié trj 1on nhat 1a 21 trén [0;+<0)

C. Gia trj I6n nhat a 21 trén [0;9]

D. Gid trj nhé nhét Ia ‘737 trén (0;-0)

Loi gidi
a. D | b.S c.b d. D

Cau 24: Chohamsé y= f (x)=—x?—4x+3. Ham s6 dat
A. Gié trj I6n nhat 1a 3 trén [0; 4]
B. Gia tri nho nhat 1a —29 trén [0;4]

C. Gia trj I6n nhat 1a 7 trén [0; 4]
D. Gia trj I6n nhat 13 7 trén [—3;4]

Loi giai
f’r\x A p , ~ , ;s X < ~
26 Thay Ho Thurc Thudn - But Pha Dé Thanh Cong!
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[a.D |b.D [c.S d.b

f'(x)=—2x-4
f'(x)=0< -2x-4=0< x=-2(loai vi x[0;4].)
f(0)=3; f(4)=-29
Vay gia tri I6n nhit caa ham s6 12 3 khi x =0
Cau 25: Chohamso f (x) =4—10x2 (30—x). Ham SOAAt .o

A. Gia tri I6n nhét 1a 25 trén [3;+o0)
B. Gia tri I6n nhét 12 25 trén (0; o)

C. Gia trj nho nhét I3 % trén [0;2]

D. Gié tri nhé nhit 1 % trén [2;+o0)

Loi giai
EE [b.D | c.D d.S
f (x):—ix3 3y
40" 4
'(x)_—ix2 +§x
40° 2
X =0(l
f'(x):0<:>—3x2+— 0 )
4 x =20(n)
Bang bién thién.
X 0 2 +a
1 + 0 _
25
1 / \
. L , 500 .
Cau 26: Chohamso f x =2x"+——.Hamsodat ...............coovviiiiinnn.nn.
X
A. Gia tri nho nhat 1a 150 trén [0;-+o0)
B. Gia trj nho nhat 12 150 trén (0;-+0)
C. Giatrj l6n nhat 12 502 trén (0;5]
D. Gia tri I6n nhét 1a 502 trén (0;+0)
Loi giai
a.S | b.D c.b d.S
3
£/ x =ax— 20 A 900 sy g ax 500=0 x=5.
X X
Bang bién thién.
27 \:j Thay Hé Thirc Thudn - CHUYEN LUYEN THI PAI HOC CHAT LUQONG CAO 9+ TOAN
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x 0 5 +o0
f'(x) - 0 +
10 0
flx) \___\\\\. 15’0,/

Cau27: Chohamsé y = f(x) :%\/16+(7—x)2 +%x. HAM S8 Qat ov.voovovooeoeoeeo )
T S I A
A. Gia tri nho nhat la e trén [0; 7]
P S I AR
B. Gia tri nho nhat la 5 trén [0;3]
C. Giatri lén nhat tai x =0 trén [0;7]
D. Gié tri lon nhit 12 % trén [4;7]
Loi giai
[a.D | b.S c.D d.p

, 1 X—7 1
=g ———+s
16+ (7-x)

f(x) =0 6416+ (7—x)° =10(7-X) = X =4 <> x=4.

1 41 17
f(o)—g\/%, f(?)_%, f(4)—E.

Vay gié tri nho nhét Ia % khi x — 4

Cau 28: Mot tam gidc vudng co canh huyén bing 5+/2 thi:.
A. Dién tich tam giac 16n nhat khi tam giac d6 vudng can

B. Dién tich tam giac I6n nhét Ia % cm?

C. Dién tich tam gi4c 16n nhat khi d6 dai hai canh géc vudng cé ti I¢ 1:2
D. Dién tich tam giac 16n nhat th‘|5(2+ﬁ) cm
Loi giai
a. D | b.D c.S |d. P
Goi mot canh goc vudng la X (0 <X< 5\@) nén canh con lai \/50— x? .

Dién tich tam gidc vubdng la: S =%x\/50— X% .

2 2 ,
Taco S:%x\/SO—x2 séﬁz%. Dau “=”"xay ra < x=+50—-x> < x=5.

Dién tich 16n nhat khi: x=5= S =%.

o 23“\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Cau 30:
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M6t co sé san xuit khian mét dang ban mdi chiéc khin véi gia 30.000 dong maot chiéc va mdi thang
co s& ban duoc trung binh 3000 chiéc khian. Co sé san xuat dang c6 ké hoach tang gia ban dé co loi
nhan tét hon. Sau khi tham khao thij truong, nguoi quan ly thiy rang néu tir mac gia 30.000 dong ma
Clr ting gia thém 1000 dong thi mdi thang s& ban it hon 100 chiéc. Biét von san xuat mot chiée khin
khong thay d6i 1a 18.000. Hoi.
A. Bé dat loi nhuan 16n nhat thi mdi chiéc khan can ting thém 10000 dong?
B. Bé dat loi nhuan 16n nhat thi mdi chiéc khin can ban véi gia 39000 dong?
C. Dé dat lgi nhuan 16n nhét thi sau khi ting gi4 mdi chiéc khan 1di 21000 dong?
D. Dé dat loi nhuan 16n nhat thi s6 khin ban ra giam 800 chiéc?
Loi giai

a.S | b.D |c.D EE |
Goi s6 tién can ting gia mdi chiéc khan 1a X (nghin dng).
Vi ctr tang gid thém 1 (nghin dong) thi s6 khin ban ra giam 100 chiéc nén ting X (nghin ddng) thi sé
xe khin ban ra giam 100x chiéc.
Do d6 t6ng s6 khan ban ra mdi thang 1a: 3000—100x chiéc.
Luc dau béan véi gia 30 (nghin dong), mdi chiéc khan c6 13i 12 (nghin déng). Sau khi ting gia, mdi
chiéc khan thu duoc s6 13i 1a: 12+ x (nghin dong).
Do d6 t6ng s6 lgi nhuan mot thang thu dugc sau khi ting gia 1a:

f (x) =(3000-100x)(12+ x) (nghin dong).
Xétham so f (x)=(3000-100x)(12+x) trén (0;+o0).
Taco: f(x)=-100x*+1800x+36000.

f'(x) =—200x+1800

f '(X)=O<:>—200X+1800=0<:> Xx=9
Lap bang bién thién ciia ham s6 f (x) trén (0;+ o) ta thay ham s6 day gi tri I6n nhat khi

X=9

Nhu vay, dé thu duoc loi nhuan cao nhét thi co sé san xuét can ting gia ban mdi chiéc khin 1a 9.000
ddng, tirc 12 mdi chiéc khan ban véi gia méi 1239.000 dong.

Cho mét tim nhom hinh vudng canh 2016(cm). Ngudi ta cit & bdn géc cua tim nhém dé bon hinh
vuong bang nhau, méi hinh vudng c6 canh bang x(cm), roéi gap tam nhém lai nhu hinh v& duéi day
dé duoc mot cai hop khong nap. Hod.........o.veeveeeiinn....

A. B¢ hop nhan dugc cd thé tich 16n nhat thi x = 250(cm)
B. D¢ hop nhan dugc cd thé tich I6n nhat thi x = 336(cm)

C. Hop nhan duoc cd thé tich 16n nhét 1a 606928896(cm3)
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D. Hop nhan dugc 6 thé tich I6n nhat 1a 606928000(cm3)

Loi gidi
EE |b.D |c.D d.S
biéu kién: 0< x <1008, ta co.

V =hB=x(2016-2x)" = f ().

xétham s f (x)=x(2016-2x)" =x(a—2x)",a=2016..

Véi x €(0;1008), tacod: f'(x)=12x*—8ax+a*; f'(x)=0< x=336.
Bang bien thién

Suy ra V dat gid trj 16n nhét 1a 606928896(cm’ ) khi x =336(cm).

Vay dé thé tich hop 16n nhat, can cat bén goc bén hinh vudng c6 canh x = 336.

Cau 31: Mot cdng ty bat dong san co 50 can ho cho thué. Biét rang néu cho thué mdi can ho véi gia 2000000
ddng mot thang thi moi can ho déu c6 ngudi thué va cr mdi lan ting gia cho thué mdi can ho thém
50000 dong mot thang thi c6 thém mot can ho bi bo trong. Hoi......oooeveeenn....
A. Thu nhap cao nhit cong ty c6 thé dat duoc trong 1 thang 1a 101250000 d6ng?
B. Thu nhap cao nhét cong ty c6 thé dat duoc trong 1 thang 12 105250000d0ng?
C. C6 5 can ho bi bo tréng thi cong ty c6 thu nhap cao nhat ?
D. Pé cong ty ¢ thu nhap cao nhét trong 1 thang thi gia cho thué 14 2500000 dong?
Loi giai
‘ a.b ‘ b.S c.b d.S
Goi X (dong/thang) x>0 la s tién tang gia

= S6 can ho bi bo trong 1a can ho

o X
S tién cone ty thu dwoc T X = 2 000 000+ x {50 — ———
= S0 llen COIlg y thu uo [ 50 000]
Khao satham sé T x trén 0: 4o

X
25 000

=T x =10— = T/ x =0 <& x=250000.

Bang bién thién

xr 0 250000 400

T'(x) + ] —

101250000 \
Tx)

Vay thu nhap cao nhat cong ty c6 thé dat duoc trong 1 thang la: T =101250000.

Cau 32: Chohamsé f (x) =x*—2x* —4x+m. Xét tinh ding sai cia cdc m¢nh dé sau

e T3 .
o B?JR Thay Ho Thurc Thudn - But Pha Dé Thanh Cong!
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27
b) Véi m=1 thi minx f (x)=-7.
(23]

a) V6i m=1thi max f (x)
[13]

c) Ham sé dat gia tri I6n nhat bang 5 trén doan [1;3] khi m=8.
d) Ham sé dat gia trj nhé nhat bang 5 trén doan [1;3]khi m=12.

Loi giai.
la.S | b.D |c.D d.S
x=2¢€(1;3]
baoham f'(x)=3x’-4x-4= f'(x)=0& 2 :
x=—=¢|[13]
3
f(1)=-5+m max f (x)=m-3
Tacd 1 f(2)=-8+m= [+3]
min f (x)=m-8
f(38)=—3+m L3

+ min f (x)=m-8=5=>m=13
(3]

Cau 33: Chohamsd y= % (voi m 1a tham sb thyc). Xét tinh dung sai ctia cic ménh dé sau

a) V6i m=1thi miny = >
[2:4] 3

b) V&i m=1 thi maxy =4.
[2:4]

c) Ham 56 dat i tr 1on nhét bing 5 trén doan [2;4] Khi m =

d) Ham sé dat gia trj nhé nhat bang 5 trén doan [2;4] khi m=11.

Léi giai.
[a.D | b.S c.S d.p
5
min f (x)=f(4)==
+m:1:>y:§—+i —y'=— 212<O:> [2:4] () 3,
— X_ — —
(x-1) max f (x)= £(2) =3
+Dao ham f'(x)=- m+12.
(x-1)
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m+1

THL. Véi m>-1suyra f'(x)=— > <0; Vx=1nénhamsd f (x) nghich bién trén mdi

m+4

(x-
min f (x) = f(4) = 5o m= 11(N)
khoang x4c dinh. Khi do = { &4

xf(x)=f(2Q=m+2=5<om= 3(N)

TH2. Vi m<-Lsuyra f'(x)= —(m+§2 >0; Vx=1 nénhamsé f (x) dong bién trén mdi khoang
x-1
max f (x)= f(@) =" 5 o m=11
xac dinh. Khi d6 = { 4 3 (I0ai).

r[I;l;Izlr]lf(X)z f(2)=m+2=5<m=3

. 3 .
Cau 34: Chohamso y = f (x) xac dinh, lién tyc trén {—1} E} va c6 do thi la duong cong nhu hinh vé bén. Xét

tinh dung sai cua cac ménh de sau

a) Miny =0
g
b) I\/Ilaﬁ y=4

¢) So gia tri nguyén cua m d€ phuong trinh f (x)=mco nghi¢ém véi moi X € [—1; Ej la 5.

. s 3
d) So gia tri nguyén am ctia m dé bat phuong trinh f (x)<m+7 ¢ nghi¢ém véi moi X € {—1 E} 1a 4.

Loi giai

EE b. D [c.s EE |
a) Sai.

b) bung.

¢) Sai. Vi dé phuong trinh f (x)=mc6 nghi¢m véi moi X € {—1;5] = -1<m<4, Suyraco4giatri

nguyén la m e {-1,0;1;2;3}

(/ 3\2“\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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. . 3
Vi dé bat phuong trinh f(x)<m+7 ¢6 nghiém v6éi moi  Xe {—1; E}

= Maxy=4< m+7om>-3=>me{-3-2;-1}.

3]

Cau 35: Chohamsdy = f (x)xdac dinh, lién tuc trénR va c6 bang bién thién.

X |- 0 1 +c0
Y I
7+oo
=0
y / \_; -1 /
—0

Chon khang dinh ding, sai?
a) Ham s6 c6 dung mot cuc tri.
b) Ham sb c6 gié tri 16n nhat bang 0 va gié tri nho nhat bang —1 .
c) Trén [0;1]ham s dat nho nhat 1a -1 tai x =1.
d) Ham sé dat cuc dai tai x =0 va dat cuc tiéu tai x =1.
Loi giai
EB | b.S |c.D d.b
a) sai vi ham s c6 2 diém cuc tri.
b) sai vi ham s6 khéng c6 GTLN va GTNN trén R.
b) ding vi trén [0;1]ham sb dat nho nhat 1a -1 tai x =1.

d) dung vi ham sb dat cyc dai tai x =0 va dat cyc tiéu tai x =1.
Cau 36: Chohamsé y = “_’11 (m 1a tham sé thuc) thoa man r[rz114r]1y =3.
X — ;

Chon khang dinh ding, sai?
—1-m

(x-1)"

b) r[nzirﬁy:3:>m:5.

a) y'=

d) rgg}xy=3:>m:5.

d) miny+maxy:%:>m:5.

[2;4] [2;4]
Loi giai
) | b.D c. S d.S
., —1-m
a)dingvi ¥y = T -
(x-1)
—1-m

b) dung vi: y' =

(x-1)
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* TH 1. —1-m>0<m<-1 Suy ra y dong bién trén [2;4} suy ra

min f(x) = f(2)=

* TH 2. —1-m<O<m>-1 suy ra y nghich bién trén [2;4] suy ra

2+m

=3 < m=1 (loai)

_4+m

=3 m=5,

-1-m

(e

* TH 1. —1-m>0<m<-1 Suy ra y dong bién trén [2;4} suy ra

c)saivi:y'=

m%xf(x):f(ﬁl):éHTm:?)@m:S (loai)

* TH 2. —1-m<O<m>-1 suy ra 1 nghich bién trén [2;4} suy ra.
2+m
maxf(x):f(Z):T:3<:>m=1(nhén).

-1-m
=i

Néu m=1= y=1 Vx#-1. Khong thoa man yéu cau dé bai.

dysaivitacd y'=

Néu m < —1 = Ham s6 dong bién trén doan [2;4] .

16 16 2+m 4+m 16
Khi d6 =— 1,5 (loai
i do: n;ar]1y+r}g%<y 3 <y(2)+y(4)= 39T 3 < m=15 (loai).
Néu m > —1 = Ham sé nghich bién trén doan [L2].
Khi do: m|ny+maxy_E<:>y(2)+y( 4)= 16®4+m+2+m 16 < m=15 (nhan).

[2:4] [2:4] 3 3 1
Cau 37: Xét tap hop tt ca cac gia tri cua tham sb thuc m sao cho gia tri 16n nhét cua ham sb yz‘x3 —3x+m‘

trén doan [0; 2] bang 3.
Chon khang dinh ding, sai?
a) Ton tai gid tri M<—2 thoa yéu cau bai toan.
b) Ton tai gia tri —2<m<0 thoa yéu ciu bai toan.
¢) Ton tai gia tri 0<m<2 thoa yéu cau bai ton.
d) Ton tai gia tri M>2 thoa yéu cau bai toan.
Loi giai
EE |b.D [ c.D d.S |
a) sai vi xétham sé T (X)=X"=3x+m tacs f'(X)=3%"~3. Ta co bang bién thién caa f(X):

c 3>ﬁ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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x 0 1 2
f'(x) — 0 +
m 2+m
@ T 2w

Khi m<—2&2+m<0 . Khi do Max|f (x)|=—(-2+m)=2-m
8

2-m=3<m=-1 (loai).

b) ding vi xét ham sé f (X)=X"=3x+m taco f'(x)=3x"-3. Ta c6 bang bién thién caa f (X):

x 0 1 2
f'(x) ~ 0 +
m 2+m
@ T 2

2+m>0

Khi—2<m<0©{
m<0

2-m=3<m=-1 (théa man).

Khido: [m-2=2-m>2>2+m :>rB;a25< f(x)\:—(—2+m):2—m

¢) ding vi xét ham s6 f (X)=X’=3x+m taco f'(X)=3x"-3. Ta c6 bang bién thién cua f (X):

X 0 1 )
f'(x) _ 0 +
m 24+m
@ T 2em—
Khi: 0<m<2@{m>0 _Khido: |[M-2]=2-m<2<2+m = max f(x)|=2+m

—-2+m<0

2+m=3<m=1 (thoa man).

d) sai vi xét ham sé f (X)=X’=3x+m,

taco f'(X)=3x"~3. Ta cé bang bién thién cua f (X):

x 0 1 2
S(x) - 0 +
m 2+m
@ T 2w

Khi: m>2 & —2+m>0 . Khi do Max|f (x)|=2+m
07

2+m=3<m=1 (loai).

Cau 38: Chohamsd y= f (x) c6 do thi nhu hinh v&. Xét tinh ding sai clia cac ménh dé sau
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ik
dr--eeee-
F

a) Gia trj 16n nhat ciia ham s6 trén [—1;3] 12 3.
b) Gia tri nho nhat cia ham s trén [—1;3] dat duoc tai x = —2.

c) Gia trj nho nhat ciia ham s6 trén (-1;3) 1a -2,
d) Gia tri I6n nhét cua ham s6 trén (—1;3) 1a 3.
Loi giai
‘ c.b

d.S

‘ a.b ‘ b.S
Dya vao do thi ta thay gié trj lon nhat ciia ham s6 trén [—1;3] 1a 3 tai x =3 va gia trj nhé nhat ciia ham

sb trén [-13] la —2 dat duoc tai x =2.
Duya vao do thi ta thay gié tri nho nhat cua ham sé trén (-1,3) 1a —2 datduoctai x=2 va

gid tri 16n nhat ciia ham sé trén (—1;3) khong ton tai.

a) Pung: Gia trj 16n nhat cia ham s trén [-1;3] 1a 3

b) Sai: Gia tri nho nhat ciia ham s6 trén [—1;3] 1a —2 dat duoc tai x =2,
c) Ding: Gi tri nho nhat cua ham sé trén (-1;3) la -2

d) Sai: Gia tri I6n nhét cua ham s6 trén (—1;3) khong ton tai.
Cau 39: Chohamsé y= f (x) co bang bién thién nhu hinh v&. Xét tinh dung sai ctia cac ménh dé sau

oD

a) Gia trj I6n nhat ciia ham sé trén [—4;3] la —8.
b) Gia tri nho nhat ctia ham s trén [—4;3] 1a -9.
c) Gia tri nho nhat ciia ham s6 trén (—4;+00) 1a -9,
d) Gia tri I6n nhét cua ham s6 trén (—4;-+e0) 1a +oo.
Loi gidi
c.b

d.S

Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Dya vao dé thi ta thay gia trj l6n nhat cia ham s trén [—4;3] 1a —8 tai x = —4 va gia trj nho nhat
ciia ham s trén [-4;3] 12 —8 dat duoc tai x= 3.

Dya vao dé thi ta thay gié tri nho nhat cua ham s trén (—4;+c0) 12 —9 dat duoc tai x = —3 va
gid tri 16n nhat ciia ham so trén (—4;+o0) khdng ton tai.

a) Pung: Gia trj 16n nhat cia ham s trén [—4;3] la -8.
b) Dung: Gié tri nho nhat cia ham s trén [—4;3] 1a 9.
c) Ding: Gia tri nho nhat cua ham sé trén (—4;+0) la —9.
d) Sai: Gia trj I6n nhét cua ham s6 trén (—4;-+e0) khong ton tai.
Cau 40: Chohamsb y=x*—3x*+m v6i M 1a tham sd. Xét tinh dung sai cta cac ménh dé sau
a) Khi m =1 thi gia trj 16n nhat cua ham sé trén [0;3] 1a 1.
b) Khi m =1 thi gia tri nho nhat ciia ham s6 trén [0;3] 12 —3.
c) Néu gié tri nho nhat cua ham s trén [0;3] 1a —1 thi m=3.
d) Néu gia trj I6n nhéat cua ham sé trén [0;3] 1a 2 thi m=2.

Léi gidi

|a.D b. D |c.D |d.D

x:2(n

x=0(n

~—"

+V6i m=1thi y=x>-3x*+1suyra y'=3x2—6x:0<:{

N—"

Taco y(0)=y(3)=1Vva y(2)=-3.

Khi do6 gia tri 16n nhét cua ham s trén [0;3] a1 tai x =0 hoic x =3 va gi tri nho nhat cua ham
so trén [0;3] 1a —3 tai x=2.

x=2(n)
x=0(n

+Taco y=x-3x"+m suy ra y'=3x2—6x=0<:>[

SN—"

Néu gid tri nho nhat cua ham sé trén [0;3] 1a —1 thi 4+m=-1<m=3.
Néu gié tri I6n nhét cua ham s6 trén [0;3] 1a 2 thi m=2.

a) Dung: Gia trj 16n nhat cuia ham sé trén [0;3] la 1.
b) Dung: Gi tri nho nhat cua ham s trén [0;3] 1a —3.
c) Ding: Néu gia tri nho nhat ciia ham s6 trén [0;3] 12 —1 thi m=3.

d) Ding: Néu gi tri I6n nhat cia ham s6 trén [0;3] 1a 2 thi m=2,
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X—m?+m

Cau4l: Chohamsd y= T . Xét tinh dung sai cua cac ménh dé sau

a) Gid tri 16n nhat ciia ham s6 trén [0; 1] 1a —2 khi m=-1
b) Gia tri nho nhat cia ham sé trén [0; 1] 1a —2 khi m=2
c) Gia trj nho nhat ciia ham s6 trén [—3; —2] 1a 2 khi m=1

d) Gia tri I6n nhét cua ham s6 trén [—3; —2] 1a 2 khi m=1

Loi giai
EE |b.D c.S
2
m°—m+1
’:—er>0, VX # -1
(x+1)
m—1+\/271
. s s e ny X N \ £ oain N 1_m2+m 2 B 2
a) Sai: Gia trj I6n nhat cta ham sé trén [0;1] 1a Y(1) = ———=-2om -m-5=0<
2 1-v21
2
£ ‘ -m? m=-1
b) Bung: Gia tri nho nhat cia ham so trén [0; 1] la y(O):Omermz—Zcmz—m—2=0c{m_2

c) Sai: Gia trj nho nhat cua ham so trén [—3; —2] la

_1+\/§

—3-m’+m m
y(_3):—:2<:>m2—m—1=0c> 2
2 1-45
m="—-
2
d) Dung: Gia tri I6n nhét cua ham so trén [—3; —2] la
—2-m? m=0
y(—2):—2 MM em?-m=0e .
-1 m=1

2

R . , X+m
Cau 42: Chohamso Y=

. Xét tinh dung sai ctia cic ménh dé sau
a) Gia tri 16n nhat ciia ham s6 trén [2; 3] 1a 2 khi m=0

b) Gia tri nho nhat ctia ham s6 trén [—1; 0] 1a —2 khi m=2

c) Gia trj nhé nhat ciia ham s6 trén [o; 2] 12 2 khi m=0

d) Gia trj Ion nhat cua ham sé trén [-3; —2] 1a —1 khi m=7

Léi giai

‘a.}) ‘b.S c.b

2
’:m—g<0, Vx =1

(1)

c 33“\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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, , m?
b) Sai: Gié tri nho nhat cua ham sé trén [—1; 0] Ia Y(0) = " 2eom=2cmn=1/2

2
2+ M o m? =0 m=0

c) Bung: Gia trj nhé nhat cia ham sé trén [o; 2] la y(2)=

, , -3+m?
d) Sai: Gia trj I6n nhét cua ham s6 trén [-3; —2] 1a y(-3)= 1 - loem=Tom=+/7.

Cau 43: Chohamsd y=f (x). Xét tinh dung sai cua cac ménh dé sau
2

. ‘ m :
a) Gi tri nho nhét cua ham s6 Y = =———= trén doan [1;3] bing 1 khi m =2

b) Gia tri nho nhat ctia ham s y =—x* —3x?+m trén doan [-11] bdng 0 khi m=—4

c) Gia trj nho nhat ciia ham s6 y =2x° —3x* —m trén [-1;1] 1a -1 khi m=—4

d) Gid tri 16n nhét cua ham s6 y = x° —3ax” +a—1 trén doan [—1;a] v6i (a>0)béing 10, khi a=11

Loi giai
|a.D | b.S | c.D |d.D
a) bung:
. o 2mP+l
Tap xac dinh: D=R\{—2} .Taco: Y =—2>0,VX¢—2.
(x+2)
o . 3m* -1
Ham s6 dong bién trén doan [1;3] nén maxy = y(3) < =1 &m=42.
Iy
] , 3 ) . ) X=Oe[—1;1]
b) Sai: Xét ham s6 y = —x"—3x"+m trén doan [-11],tacoy’'=-3x"-6x; y'=0<
x=-2¢[-11]
y'(-D)=m-2
Ma 1 y'(0)=m
y'(1)=m-4

Do d6 Enli_ﬂy:—4+m:0<:>m:4.

) ] , , ) x=0e[-1;1]
c) bung: Xét [-1;1] ¢6 y'=6x*-6x. y'=0 < 6x"-6x=0 < :
x=1e[-11]
Khidoy(-1)=-5-m; y(0)=—m; y(1)=-1-m
Tathdy —-5—m<—-1—m<-m nén Enli{]ly:—S—m.
Theo bai rata c6 Enli_ﬂy:—l nétn 5—-m=-1 <m=-4.

d) Bung: y =x°—-3ax’+a-1, xét xe[-La].= Yy =3x" —6ax.
) x=0e[-1a]
y=0<3x"-6ax=0< :
x=2a¢[-La]

Véi a >0 taco bang bién thién
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X |-1 0 a

y/ + 0 _

-1+a
y -2-2a / \ —2a3+a—1

Suy ra r[[11a>]<y=y(0)=a—1.
=a-1=10 < a=11.
Cau44: Chohamsd y= f (x)=—x*—3x%+m (Mlatham so).

a) Khi m =3 gié tri nho nhit ciia ham s6 trén doan [l‘ 2] la 3.

b) Khi m =3 thi max f (x)+min f (x)=-18.

[1:2]
c) Ham s6 dat gia tri nho nhat trén doan [-1,1] bang 0 khi m=1.
d) C6 hai gi4 tri thyc cua tham s6 m dé ham s6 c6 gia tri nho nhat trén doan [-1;1] bang m?.

Loi giai
[a.D b. D BE EE |

a) Khi m =3 gid trj nho nhit ctia ham s6 trén doan [12] 1a 3.

z \ 4 3 2 , 2 X=0€[1,2]

Xétham so y =—x"—3x"+m trén doan [1;2], tacoy’' =-3x"-6x; y'=0<
x=-2¢[12]

Khi m=3taco y=-x*-3x*+3.

Ma y(1) =-1y(0) =3, y(2) =-17

Do d6 r[rlnz? y=y(2)=-17.

b) Khi m =3 thi rﬂa;]x f (x)+r[r1||2? f(x)=-18.

Khi m=3: max f (x)+mi2? f(x)=y@)+y(2)=-18.

[1:2] %
¢) Ham sé dat gié tri nho nhat trén doan [-11] bang 0 khi m=1.
Taco: Y(-D=m-2,y'(0)=m,y'() =m-4
Do do r[nli_lr]ly:m—4:0<:>m:4.

d) C6 hai gi4 tri thyc cua tham s6 m dé ham s6 ¢ gia tri nho nhat trén doan [-1;1] bang m?.

Taco: Y(-)=m-2,y'(0)=m,y'()=m-4

0 Thay Ho Thirc Thudn - Birt Phd Dé Thanh Cong!
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Do d6 r[r_11i_Hy=m—4=m2<:>m2—m+4=0<:>me®.

Cau 45: Chohamsé f (x)la da thirc bac 3 ¢6 @6 thi ham s nhu hinh v&.

34

a. GTNN ciahamsd y = f (x)+ m trén doan [1,3]v6i m=0 béng -1
b. GTLN ctia ham s6 y = f (x)+m(m > 0)trén doan [1,3] bdng 2 —m
c. GTLN ciahamsb Y =|f (x+2m)+14 (m > 0) trén doan [1-2m,3—2m|béng 3

d. Ham s6 g (x) = f (2x* +2x—1)+ mdat GTLN trén doan [0;1]biing 2020 khi m = 2022

Loi giai

‘a.D ‘b.S ‘c.D ‘d.S
a. Ping: V6i m = 0 khi d6 ham sé y = f (x)+m= f (x), dua vao do thi ham sé f (x)ta thay

f(x)=-1.

ming,

b. Sai: Dich chuyén d6 thi ham s6 f (x)1én trén theo truc Oy mot doan |m| don vi ta duoc db thi

ham 6 y = f (x)+m. Khi d6 MaxX (f(x)+m)=2+m.

c. Pang: Ta c6 dd thihamsé Y = |f (X+ 2m) +l| (m > 0) dwoc biéu dién nhu sau:

| /

Do d6 GTLN ciaham s Y =|f (x+2m)+1] (m > 0) trén doan [1-2M,3—2m]bing 3.

d. Sai: Bat u=2x°+2x-2=>U'=6x>+2>0 V6i vx
Pt U=2X"+2X-2=U"=6X"+2>0 vdi vx = xe[0;1] < ue[-2;2]

xét 9(x) = f(U)+Mvsi u e[-2;2] = 9'(X) =U"f'(u)
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xét 9'(X)=0=u'f'U)=0c f'(U)=0cu=2

BBT:
u -2 1 2
g'(x) + 0 _

2+m

= 2+m=2020 << m=2018.

e — 3 2 —_
Cau 46: ChohamsY =X +3x"+m-1
a. bao ham cua ham s f(x)la f'(x)=3x*+6x+m.

b. Ham s6 dong bién trén (0;2)

C. %%9(@29.

d. Bé gia tri 16n nhit cua ham s6 g(x)= ‘XS +3x°+m —1‘ trén doan [0;2] dat gia tri nho nhét thi

m=-9.

Loi giai
EE | b.D c.S d.b
Ta co:

a.Sai: f(x)=x>+3x*= f'(x)=3x*+6x+m
b. Piing Ta ¢ bang xét dau:

x —a0 -2 0 +o0

f'(x) + 0 - 0 +
f(x) / \ /

=> Ham s6 dong bién trén (0;2)

c. Sai Ta co Maxg(x) =max{|m—1f;|m+19]}

|Im—1]+|m+19] _ 1-m+m+19|
> 5 >

=10

DAu bang xay ra khi va chi khi

Im—1=|m+19|

m=-9 (thoa man).
(1-m)(m+19)20 (thoa man)

d. Ping {

(/ 4\2\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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cau47: cho Y= T (M csdd thi T'*)nhu hinh ve:

y

\//1 P

Cac ménh dé sau dung hay sai?

a. Gid trj 16n nhat caa ham s6 y = f (x) trén doan [—1;2] bang f (2).
b. Gia trj nhé nhat ciia ham s6 y = f (x) trén doan [1;3] bang f (1).

c. Gia tri I6n nhat ciia ham s6 y = f (x)—x® trén doan [-1;2] bang f (-1)+1.
d. Gia tri nho nhét cua ham s6 g(x)= f (X)+%X3 —x trén doan [~1;2] bang f (1)—% .

Loi giai

a. S | b.S | c.D |d.D
a. Sai: Dya vao d thi ham s6 y = f'(x) tacd f'(x)<0,vxe[-12] nén r[r_11{:12>]( f(x)="f(-1).

b. Sai: Dya vao d6 thi ham s y = f’(x) ta c6 BBT ctia ham ) y = f (x) trén [1;3] nhu sau:

X 1 2 3
r(2) -0 -

L e

Dua vao BBT ta thiy gi4 tri nho nhat cia ham sé y = f (x) trén doan [1;3] bang f (2)-

c. Ping: y'= f'(x)-3x* <0,vx c[-1;2] nén maxy =y(-1)=f(-1)+1,
d. bung:
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g'(x)=f'(x)+x*-1

*g'(x)=0= f'(x)=1-x*(¥)

\ X=- .

Dua vao do thi trén (x)xay ra: { _, -Taco bang bién thién:

X -1 1 2

g -0 "

2
g(x)=f(x)+sx —x j{—l}fg f(2)+=
; , /
1)-3

=> Gi4 trj nho nhat cia ham s6 trén doan [—1;2] bang f (1) 2

F. TRA LOI NGAN
Cau1l: Timgiatri 16n nhat cia ham sé f(x) = x> —2x* +x—6 trén khoang (-1:1).
Loi giai
Tra loi: —%

Tap xac dinh: D =R, ta chi xét trén khoang (-11).

x=1
Dao ham: y =3x* —4x+1y =0< 1.
X==
3
Bang bién thién:
r | -1 : 1
i -+ () -
_158
27
y // \
=110 =0

Tir bang bién thién ta cé max_, y = —% = y(éj .

A . s, e o8 iz e ) e s \ Z X A
Cau 2:  Tim gia tri I6n nhat va gia tri nho nhat cia ham s6 f(x) = > trén R
X

Léi giai

C 44D Thay Hé Thirc Thudn - Birt Phd Pé Thanh Cong!
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Tap xac dinh: D =R, ta chi xét trén nira khoang E : +ooj .

Pao ham: f'(x)=x*(1-x)(3-5x); f (x)=0 < x:O,x:l,x:g.

Bang bién thién:

T -0 -2 2 +oC

f'(z) - 0 = 0 -

f(z) \ _ : \

vy min, f(x)= f(—2):—% va max, f(x)= f(2):%.

File word va dap 4n chi tiét vui long lién hé zalo: 0834 332 133
Gi4o vién c6 nhu cdu sé hitu tron bé file word Bai gidng Toan 6,7,8, 9,10 11,12 va b dé kiém tra két thic chuyén
dé, gitra Ki, cuoi Ki, toan vd vdc va toan thuc té 6 loi gidi chi tiét ciia Thay gido, Tac gid Tran Dinh Cw VUi 10ng
lien hé zalo Tran Pinh Cu: 0834 332 133 dé duwoc ho tro téi da . Ung hé chinh chii dé dwege bao hanh va nhiéu
wu dai khac.
Mua diing tai liéu, chuyén khodn diing tén tac gid: Tran Pinh Cuw
Tham gia nhom Tai /iéu Toan THCS cua Thay Tran Binh Cu:
https://www.facebook.com/groups/648908762117217
Tham gia nhdm Tai ligu Toan THPT cua Thay Tran BDinh Cu:
https://www.facebook.com/groups/dinhcuvip0603
Tham gia nhém zalo tai liéu Thay Tran Pinh Cu (Danh cho GV):
https://zalo.me/g/ygbawz822

Thong tin WEB céc tai liéu chinh chu cua Tac gia, thdy giao Tran Binh Cu: toanthaycu.com

Cau3: Timgiatrinho nhat m cuahamsé f(x)= /x+1 trén khoang (0;+o0).
X

A. m=+/2. B. m=0. C. m=2. D. m=1.
Loi giai
Tra loi: V2
" 0 1 + oo
-'f- .I: |:| -
e +oc
_,( P \‘ /
N


https://www.facebook.com/groups/dinhcuvip0603
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1
1-= 2 _ x=-1¢(0;
Dao ham f'(x)= x_ __x-1 >f'(x)=0< ( +OO).
1 1 X =1& (0;+0)
2\/X+x 2x2\/x+x ;

Bang bién thién

Tir bang bién thién ta tim duoc gié tri nho nhat cua ham s 1a (1) =+/2

Cau4: Timgiatri nho nhat m cuahamsé f (x)=x? +2 tren khoang (0;+).
X

A. m=1. B. m=2. C. m=3. D. m=4.
Loi giai.
Traloi: 3
2 2(x3—1)
Pao ham f'(x):ZX—F:T:f’(x):0<:>x:le(0;+oo).

Lap bang bién thién & dua vao bang bién thién ta thdy (rg_win) f(x)=f(1)=3.

mx -1
X+m

Cau’5: Chohamsé y= (v6i m 1a 56 thuc). Tim m dé ham s dat gi tri 16n nhat trén doan [1;4] bing

1.
Loi giai
Tra loi: >
3
Tap xac dinh cia ham s6: D =R \{-m}.

2
oo M+l Y 5 KA : .
Taco: y = ﬁ >0, Vx e D nén ham so6 ludn dong bién trén ting khoang xac dinh cua né.

X+m

Do d6 ham s6 dat gié tri 16n nhat (néu co) tai x=4, tuc la

M-l e amo1—4imem=>.
4+m 3

Thur lai ta thay m = 3 la gia tri thoa mén yéu cau bai toan.

Cau6: Cho ham sé f(x)=m+x—1 (m la tham sb thuc khac 0). Goi m,,m, la hai gia tri cia m thoa mén
. 2 .
1[121;15r]1f(x)+r[r;%]xf(x) =m"—=10. Tinh m, +m,
Lo gii.

Traloi: 3

- v o2 .
C 4\6W“ Thay Ho Thiec Thudgn - But Pha Dé Thanh Cong!
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m

240x -1

Vm = 0thi f(x)don di¢u trén [2;5] = min f(x) +max f(x) = f(2) + f(5) = m+2m

Véimoi xe[2;5]co f'(x) = . Ta thay diu cta f'(x) phu thuoc vao dau caa m

ik =5
Tur gia thiet ta duoc m2—10=m+2m<:>m2—3m—10=0<:>[m > Vay m, +m, =3.
m=—

Cau7: Chohamsé f(x)=x° +(m2 +1)x+m2 —2 voi m la tham sé thuc. Tim tit ca céc gié tri thuc duong

m dé ham sé c6 gia tri nho nhat trén doan [0;2] bang 7.

A m=+1, B. m=+7. C.m=+2. D. m=43.
Loi giai

Traloi: 3

bao ham f'(x) =3x*+m’+1>0, VxeR.

Suy raham so f (x) dong bién trén [0;2]= min f (x)= f (0)=m*-2.

[0:2]
Theo bai ra: r[?'z? f (x):7<:>m2—2:7<:>m:13.

Tachon m=3

Cau8: Chohamséd y= f(x)=ax*+bx®+c xac dinh va lién tuc trén R va c6 bang bién thién sau

X -0 =4 0 1 +00

y' - 0 + 0 - 0 +

N

Gia tri nho nhat cua ham s6 y = f (x+3) trén doan [0;2] 1a

A. 64. B. 65. C. 66. D. 67.

Lo giai
Traloi: 66
Ham s6 c6 dang f (x) = ax* +bx?+c. Tur bang bién thién ta c6

f(0)=3 c=3 c=3
f)=2 @{a+b+c=2={b=-2= f(x)=x"-2x"+3.
fm=0 [4a+20=0 |a=1

bit t=x+3,xe[0;2] < te[35].
Duya vao d6 thi, ham sé y = f (t) dong bién trén doan [3; 5].
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Do d6 min f(x+3)= min f(t)=1(3)=66.

Cau9: Choham f (X) lién tuc trén doan [—4; 4] va 6 bang bién thién nhu hinh v& bén dudi.

T —4 -3 _9 1 2 3 4

A o o
i e e e ;
0 . X :
ftz) \ : /
—fi*

C0 tat c4 bao nhiéu gia tri thuc ctia tham s6 m thude doan [—4;4] dé ham s6

9(x) :‘f (x3 +2x)+3f (m)‘ c6 gia tri 16n nhat trén doan [-1,1] bang 8°?

A 12. B. 11. C.9. D. 10.
Loi giai

Tra loi: 11

Cach 1:

bit t = f(x3+2x).Vi x €[-11] nén t [-6;5]. Khi d6, g(x)=|t+n| véi n=3f (m)

{|n+5|:8
< n=

In+5|>|n—6| -

In—6|=8 )
n=-—
n—6|>[n+5

Do d9, rp%g(x):max{|n+5|;|n—6|}:8<:>

Véi n=3<3.f(m)=3< f(m)=1,suyracd 5 gidtri cia m.

. -2 Ch e
Voin==2e3f(m=2< f(m)=?,suyraco 6 giatricua m.
Vay c6 11 gia tri caa m thoa man yéu cau dé bai.

Cach 2:

Vi xe[-L1]nén -3<x°+3x<3=-6< f(x3+3x)£5..
Taco: ‘f(x3+3x)+3f (m)‘SB,VXE[—l;l] o -8< f(x3+3x)+3f (m)<8, vxe[-11]

f(x3+3X)£8—3f(m) e _1;1]:{5S8—3f(m " f(m)<1 X
~8-3f (m)< f(x3+3x) -8-3f(m)<-6 f(m)z_5

(/ 4\83 Thdy Ho Thirc Thugn - Birt Phd Dé Thanh Cong!
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Do d6 max‘f (x3+3x)+3f (m)‘=8<:>

. , o . -2 o
Voi f(m)=1,c6 5 gia tri cia m. Vi f(m):?, c6 6 giatricua m.
Vay c6 11 gid tri cia m théa man yéu cau dé bai.

Cau 10: D¢ giam huyét &p cia mot bénh nhan duoc cho boi cong thic F(X) :%x2 (30—Xx), trong d6 X la

lieu lwong thudc tiém cho bénh nhan (X duoc tinh bang miligam). Liéu lugng thude can tiém cho bénh
nhan dé huyét &p giam nhiéu nhat 13 2.
Loi gii

Traloi: 20
Xét ham s : F(x):4—10x2(30—x) (x>0).

= F'(x):Ari().2x(30—x)—4—lox2 =4i0(—3x2 +60x).
x=0 (loai)

F'(x)zo@i(—ssx2 +60x) =0 @{
40 x=20

BBT.

Duya vao BBT ta thay dé huyét 4p giam nhiéu nhat thi liéu luong thudc can tiém cho bénh nhan 1a
x=20.

Cau 11: Sau khi phat hién ra dich bénh vi rit Zika, cac chuyén gia so y t& TP.HCM wdc tinh s6 nguoi nhiém
bénh ké tir khi xuat hién bénh nhan dau tién dén ngay thi t 14 f (t)=15t>—t°. Taxem f'(t) latéc

d6 truyén bénh (nguoi/ngay) tai thoi diém t. Tdc do truyén bénh sé& 16n nhat vao ngay tht bao nhiéu?.
Loi gidi

Tra 1oi: 5
Taco: f(t)=15t"—t>.
f'(t)=30t-3t> =-3(t-5)" +75<75.

Suyra f'(t) =75<t=5.

max
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Cau 12: Mot ngudi ban gao mudn dong mot thung ton dung gao ¢ thé tich khong doi bang 8 m?, thung ton
hinh hop chit nhat co6 day 1a hinh vudng, khong nip. Trén thi truong, gia ton lam day thung 1a
100000/ m?, gié ton 1am thanh xung quanh thang 12 50000/ m?. Hoi ngudi ban gao d6 can dong thing
dung gao Vi canh day 1a bao nhiéu dé chi phi mua nguyén liéu 12 nho nhat?.
Loi gidi
Traloi: 2
Goi canh day va canh bén cua thang tén 1a a va b (diéu kién: a>0va b>0).

LA e NP 8
Tac6 thé tich thung ton la: V =a*h=8. Suy ra: b=—.
a

1600000

Chi phi dé san xuat thung ton la: 4ab.50000+100000a? = - +100000a° .
Khao sat ham y = 1600000 +100000a* véi a>0.

1 S
Suyra: y'=-— 60;)2000 +200000a =0« a=2. Khi do, ta c6 bang bién thién sau:

Dua vao bang bién thiéntaco y,, < a=2.

Cau 13: Nguoi ta muén ma vang cho mét cai hop c6 day hinh vudng khong nip c6 thé tich 1a 4 lit. Tim kich
thugc cua hop dé dé luong vang ding ma la it nhat. Gia sa d6 day cua lép ma tai moi noi trén mat
ngoai hop lanhunhau................co,

Loi giai
Traloi: 2
Goi X la canh cua day hop.
h 1a chiéu cao caa hop.
S(x) ladién tich phan hop can ma.
Khi d6, khéi luong vang ding ma ti 1& thuan véi S(x).
Taco:S(x)=x"+4xh(1) ;V=x’h=4=>h=4/x*(2)..

Tur (1) va(2),taco S(x)= x* +%.

o 5\8“\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Dya vao BBT, tac6 S(x) dat GTNN khix=2.

Cau 14: Giam d6c mot nha hat A dang phan van trong viéc xac dinh mirc gid vé xem cac chuong trinh duoc
trinh chiéu trong nha hét. Viéc nay rat quan trong n6 s& quyét dinh nha hat thu duoc bao nhiéu loi
nhuan tir cac budi trinh chiéu. Theo nhirng cuén sé ghi chép cia minh, éng ta xac dinh duoc rang: néu
gia vé vao ctra 13 20 USD/ngudi thi trung binh ¢6 1000 nguoi dén xem. Nhung néu ting thém 1
USD/ngudi thi s& mat 100 khach hang hoic giam di 1 USD/ngudi thi s& ¢6 thém 100 khach hang trong
s6 trung binh.Biét rang, trung binh, mdi khach hang con dem lai 2 USD loi nhuan cho nha hét trong
cac dich vu di kém. Hay giup giam doc nha hat nay xac dinh xem can tinh gia vé vao cira la bao nhiéu
déthunhap 1A 16N NNALY. ...

Loi giai
Traloi: 14
Goi gi4 vé sau khi diéu chinh 1a 20+X (x+20>0)

Sb khéch 1a:1000-100x

Téng thu nhap
f (X)=(20+x.1+2)(1000—100x) = (22 + X (1000 ~100X) = ~100x* ~1200x + 22000

Bang bién thién

x | -20 -6 o
S (x) + 0 -
() 7 (=6)
_g)/ \* —o0 |

max_f (x)=f (—6).Suy ragid vé la: x+20=20-6=14 USD

(—20;+oo)

Cau 15: Mot ngudi ban budn Thanh Long D6 & Lap Thach — Vinh Phiic nhan thay rang: Néu ban véi gia 20000
nghin/kg thi mdi tuan c6 90 khach dén mua va mdi khach mua trung binh 60 kg . Cwr tang gia 2000
nghin /kg thi khdch mua hang tuan giam di 1 va khi d6 khach lai mua it hon muc trung binh 5 kg, va
nhu vay cir giam gia 2000 nghin /kg thi sb khach mua hang tuan ting thém 1 va khi d6 khach lai mua
nhiéu honmtc trung binh 5 kg. Hoi nguoi d6 phai ban voi gia mdi kg 1a bao nhiéu dé loi nhuan thu
duogc hang tuan 12 16n nhat, biét rang nguoi d6 phai nop tong céac loai thué 1a 2200 nghin /kg . (Két
qua 1am tron dén hang nghin)...............c.oooiieeiiiii,

Loi gidi
Tra loi: 22000
Goi 2000x nghin /kg la muc gia thay doi tang hoac giam so véi gia ban binh quan.
Gi4 ban sau khi thay d6i la 20000 +2000x nghin /kg .
S6 lugng ngudi mua sau khi thay doi gia 1a 90—x.

Khéi luong khach mua trung binh sau khi giam gia 1a 60—5X kg .
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S tién thué phai np sau khi thay ddi gia: 2200(90—x)(60—5x).
Sé tién thu dugc sau khi thay ddi gia la
T (x)=(90—x)(60—5x)(20000+2000x)—2200(90 - x) (60 —5Xx)
= (17800 +2000x) (90 - x) (60 ~5x) = (10x* — 931x° +1722x +96120).1000.
x<90

biéu kién {x<12 «>8,9<x<12.
X>8,9

Taco T'(x)=(30x* —1862x+1722).1000 .

X ~0,94(N)

T'(x)=0< 15x* —931x +861=0 = :
X ~61,13(L)

T (%) =T(12)=0, T(0,94) = 96924000

Do d6 X =1 thi lgi nhuan cao nhat.

Do d6 gia ban t6t nhat 13 22000 nghin /kg .
Cau 16: Cho hinh thang cin c6 d6 dai day nhé va hai canh bén déu bang 1 mét. Khi d6 hinh thang da cho c6
dién tich 16n nhat bang?.

Loi giai
Trélci:ﬁ
4
A1
Lo Ix x| X
D A B C

Ki hiéu x 1a 6 dai duong cao suy ra 0<X<1. Tinh dugc day 16n bang 1+ 2+1—x° .

Dién tich hinh thang § (1+v1-x* ) x. Xétham s§ 7 (x) = (1++v1-x" )x trén (0;1].

2 / 2
Taco: f'(x)= —2X AN X
J1-x2
3 .
f'(xX)=0=x= % Lap bang bién thién. Suy ra n(qoal]x f(x)="f {?J :¥ :

53“\ Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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Céau 18:
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Nha cua ba ban A, B, C nam & ba vi tri tao thanh mot tam giac vudng tai B nhu hinh v&, biét
AB =10 km, BC =25 km va ba ban t chuc hop mit tai nha ban C. Ban B hen ché ban A tai vi tri
M trén doan duong BC . Gia sir ludn c6 xe buyt di thang tr A dén M . Tirnhaban A di xe buyt thang
dén diém hen M véi toc @6 30 km/h vatir M hai ban A, B di chuyén dén nha ban C theo doan
duong MC bing xe may véi van téc 50 km/h . Hoi 5SMB +3MC bing bao nhiéu km dé ban A dén
nha ban C nhanh nhét?.

A

10km

O!

B x M
25km

Lai gidi

33

Tra loi: ==
4
Pit BM =x, 0<x < 25.

Tacéd: AM =+/100+x?: MC =25—x..

2 _
V100 + X +(25 x).

Thoi gian ban A di tir nha dénnhaban C 1a: T =
30 50

2 _
_ V100 + X s (25-x)

30 50

P X _i
Taco f (X)—%m 50

, VoI 0<x<25.

Xéthamso f(x)

f'(x)=0<:>x=% (do x>0).

Dua vao bang bién thién ta thiy f (x) dat gia tri nho nhét tai x :% .

Do d6 5MB +3MC :5.%+3.3—;:90.

M6t cong ty mudn 1am mét dudng dng dan dau tir mot kho A & trén bo bién dén mot vi tri B trén mot
hon déo. Hon dao cach b bién 6 km. Goi C 1a diém trén bo sao cho BC vudng goc véi bo bién.
Khoang cach tir A dén C 1a 9 km. Nguoi ta cin xac dinh mot vi tri D trén AC dé lap 6ng dan theo
duong gap khiic ADB . Tinh khoang cach AD dé sé tién chi phi thap nhat, biét rang gia dé lap dat mdi



Céu 19:
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km duong 6ng trén by la  100.000.000 dong va dwdi nuwéc la  260.000.000
Loi giai

Traloi: 6,5

Pat AD=x km, x>0, CD=9-x; BD =/36+(9—x)’
Gia thanh I3p dat 1a; 100.10°x +/36+(9—x)*.260.10° =10 [10x+261 /36+(9—x)2}

Xétham sb f (x)=10x+,/36+(9-x)".26 (0<x <9)

=10- 26\/7_0 <:>101/36+9 x —269 x
36+(9—-x

X<9 13
, & X :
—576x° +10368x — 43056 =0 2
Lap bang bién thién ciia ham sé f (x) trén (0;9) ta thay ham sé day gia tri nho nhat khi x :§

Vay AD=6.5km
Mot soi day kim loai dai 60cm duoc cit thanh hai doan. Poan day thi nhat udn thanh hinh vudng canh
a, doan day thir hai udn thanh dudng tron duong kinh r. Bé tong dién tich caa hinh vuéng va hinh

N , FPTRE N - B
tron la nho nhat thi ti so — 132.
r

Loi gidi
Traloi: 2

Do dai doan day bang 60cm, canh hinh vudng bang a, ban kinh duong tron bang r nén ta co:
4a+27r=60 <r= 30;Tza(l).

Goi S la tong dién tich cua hinh vudng va hinh tron, suy ra S =a’ +zr?(2).

30-2a)’
Thay (1) vao (2) taduoc S =a’ +Q.
T
4(30-2a) (27+8)a-120

T T

Khid6 S'=2a-

Cho S'=0<a= 00
+4

Bang bién thién.

Thay Hé Thirc Thudn - Biit Phd Dé Thanh Céng!
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x |0 60 60
T+4
S’ - 0 +
Dua vao bang bién thién ta thdy S nho nhat khi a = 00 30 . Vay a_s.
T+4 m+4 r

Quy phu huynh va cac em hoc sinh dky khoa hoc
1. Zalo thay Thuin Toan: 0869998668
zalo.me/84869998668
2. Facebook thay:
https://www.facebook.com/Thaygiaothuan.99/
3. Fanpage thay:
https://www.facebook.com/thaythuandaytoan
4. Tiktok thay:
https://www.tiktok.com/@thay hothucthuan
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