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TAI LIEU THUQC KHOA HQC

HT “LIVE VIP 9+ TOAN ”
e DPANG KY HQC EM INBOX THAY TU
HO THUC THUAN VAN NHE!

DE KIEM TRA CUOI HKI TOAN 12
( Chuan cdu truc SGK form maoi- Dé so 8)

LOI GIAI CHI TIET DE SO 08
PHAN 1. Céu trac nghiém nhiéu phuong an lua chon. Thi sinh tra 1oi tir cau 1 dén cau 12. Mdi cau
thi sinh chi chon mot phuwong an.

Cau1l: Choham s6y = f(x)c6 bang bién thién nhu sau:

>

X |- - -2 -1 +0
Y + 0 - - 0 o+
0 +0 +0

-

o

Ham s6 da cho nghich bién trén khoang nao dudi day?
A. (—3;—1). B. (—00;0).
C. (-2-1). D. (-3;-2)u(-2;-1).
Loi giai
Chon C
Céan ctt vao bang bién thién ta thdy ham s§ y = f(x) nghich bién trén cdc khoang (-3;-2) va (-2-1)

Cau2: Chohamsd y= f(x) lién tuc trén doan [—1;3] va c6 do6 thi nhu hinh vé bén.

Y

Goi M,m lan luot la gia tri 16n nhét va nho nhat ctia ham s6 da cho trén doan [-1;3]. Gia tri
cuaa M +m la
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A.2. B. 6. C. -5. D. -2.
Loi giai
Chon D
m=min f(x)=f(-2)=-4

M:r[r_lle};](f(x):f(—l):2

Tir d6 thi ta co: =>M+m=-2

Cau3: Chohams6 y= f(x) cd bang bién thién nhw hinh bén

L2 B +a@

S6 dudng tiém can ngang ctia d6 thi ham sd y = f'(x) 1a
A. 3. B. 1. C.0. D. 2.
Loi giai
Chon D
Dua vao bang bién thién ta thdy lim =1= y =1 la TCN.

X—>+0

lim =1= y=-11a TCN.

Vay d6 thi ham s6 c6 2 TCN.

Cau4: Dudng cong hinh bén 1 d6 thi ctia mot trong bon ham sé dudi day. Ham sé d6 1a ham sb nao?
Ay

“

A y=—x"+3x+2 B. y=x"+1 C.y=x+x"+1 D. y=x’-3x+2
Loi giai
Chon D

Db thi hinh vé 1a d6 thi ham s& bac ba c6 hé s& a >0 nén chi c6 ham s8 y =x’ —3x+2 thoa

man diéu kién trén.

Cau5: Cho a va b 1ahai vecto nguoc ciing hwéng va déu khac vecto 0. Ménh dé nao sau day ding?

aab-ldlffl.  B.ab-o. C.ab=-1. D. ab=—Jal B

Loi giai
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Do a va b 1a hai vecto nguoc hudng nén (Zz,l;) =180° ——)cos(Zz,B) =-1.
Vay ab=—[al .

Cau 6: Trong khong gian Oxyz, cho hai diém 4(1;1;—1) va B(2;3;2). Vécto AB ¢ toadola
A. (1;2;3). B. (-1;-2;3). C. (351). D. (3;41).
Loi giai
Chon A
Tacd AB = (1;2;3).

CAU 7: GIA SU KET QUA KHAO SAT KHU VUC A VE DQ TUOI KET HON CUA MOT
SO PHU NU VUA LAP GIA DINH DUGC CHO O BANG SAU:

Tudi két hon

S6 phu ni* khu vuc A 10 27 31 25 7
Hay tim khoang bién thién mau s& liéu ghép nhém khu viee A
A.15. B. 12. C. 5,17. D. 3.
Loi giai
Chon A
Khoang bién thién ctia mau sd liéu ghép nhém tng véi khu vie A la:
R=34-19=15.
CAU 8: PO CHIEU CAO CUA 500 HQC SINH TRONG MOT TRUONG THPT TA THU
PUGQC KET QUA NHU SAU:
Chiéu cao [150;154) [154;158) [158:162) [162;166) [166:170)
Tan s6 25 50 200 175 50
D léch chuan ctia mAu s6 liéu trén la:
A. s =161,4 B. s, =3,85.
C.s, =82 D. s, =14,48
Loi giai
Chon B
Ta c6 bang sau
Lép chiéu cao Gia tri dai dién Tén sb
[150:154) 152 95
[154:158) 156 50
PSSJGE) 160 200
[162:166) 164 175
[166:170) 168 50

Ta c6 chiéu cao trung binh:

x =%(152.25+156.50+160.200+164.175+168.50) =161,4

Phuong sai ciia mau s liéu:

@D Thay Hé Thirc Thudn - https://www.facebook.com/Thaygiaothuan.99/ ) IHT

HO THUC THUAN




[HT )
wormveruan  DANG Ki KHOA HQC LIVESTREAM — CHINH PHUC PIEM 8, 9, 10 MON TOAN!
—\2 —\2 —\2
s =fl(c1 —x) +f2(02 —x) +.+ ], (ck —x)
1 |25(152-161,4)" +50(156 -161,4)" +
500 +200(160-161,4)" +175(164-161,4)" +50(168 -161,4)’
= 14,84
= Do léch chudn: s, =4[5> = /14,48 =3,85

xX*+3
x+1°
A. Cuc tiéu ctia ham s6 bang —3

Cau9: Chohamso y=

B. Cuc ti€u ctia ham s6 bang 1
C. Cuc tiéu ctia ham s6 bang 2
D. Cuc tiéu cua ham s bang —6

Loi giai

Chon C

. x*+2x-3

C x+l

‘"0 x=1
7= j{x=—3
Lap bang bién thién tir d6 chon C

x=2

Cau10: Hamsd y= c6 d6 thi la hinh vé nao sau day? Hay chon cau tra 16i dung.

x—1

A. B.
C. - D. |
|-—\ i ;
-2 :—1 0 1 x
Loi giai
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g A MV 7 . 2. \ 1 7. 7
Cau 11: Mot chuyén dong thang x4c dinh boi phuong trinh S(7) = 513 —3t*+5t+2 véi t 20, trong d6
¢ tinh bang gidy va s tinh bang mét. Trong khoang thoi gian nao van tdc ctia vat tang?
A. (0;+0). B. (0;3). C. (—4;+0). D. (3;+).
Loi giai
Chon D
Ta c6 van t6c clia chuyén dong tai thoi diém ¢ bang dao ham cap mot ctia phuong trinh
chuyén dong tai thoi diém ¢.

v(t)=S'(t)=Gt3—3t2+5t+2j =’ —61+5

Xét ham v(t)=t2—6t+5 vOoi 20

v'(t)=2t-6
2t-6=01=3
Lap bang bién thién:

Tt bang bién thién ta 6 trong khoang thoi gian (3;+) thi van tc cta vat ting

Cau12: Cho hinh ldng tru tam gidc ABC.4,B,C,. Dit A4, = a,AB=b,AC=¢,BC=d, trong cac dang
thirc sau, déng thttc nao dung?
A.a+b+c+d=0. B.a+b+c=d. C.b—c+d=0. D. a=b+c.
Loi giai
Chon C

Ay

B,

+ D& thdy: AB+BC+CA=0=b+d—c=0.
PHAN II. Cu tric nghiém ding sai. Thi sinh tra i tir cAu 1 dén cau 4. Trong mdi ¥ a), b), ), d) o
mdi cauy, thi sinh chon dung hodc sai.

Caul: ChohamsGbacba y=f(x)=ax’+bx’ +cx+d cd do thila duong cong nhw hinh bén.
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a) Ham s6 dong bién trén khoang (0;2).

b) Ham s0 dat cuc tiéu tai diém x=-1.

c) Pheong trinh f(x) =2 ¢ ba nghiém.

d) Phuong trinh f(f(x)) =4 c6 sdu nghiém.

Loi giai

a) Chon bung.

Ham s6 d6ng bién trén khoang (0;2).
b) Chon Sai.

Ham s6 y = f(x) =ax’ +bx’ +cx+d dat cuc tiéu tai diém

x=0.
¢) Chon bDung.

Tir &6 thi ta co

x=ae(-10)
f(x)=2= xzbe(O;Z)
x=ce(2;3)

Phwong trinh f(x) =2 ¢ ba nghiém.
d) Phwong trinh f(f(x)) =2 c6 sau nghiém.

f(f(x)=2

f(x)=ae (—1;0)
=| f(x)=be(0;2)

PANG Ki KHOA HQC LIVESTREAM — CHINH PHUC PIEM 8, 9, 10 MON TOAN!

Y

Y

f(x)zce(2;3)

Phuong trinh f(x)=a €(-1;0) c6 ba nghiém

Phuong trinh f(x)=b€(0;2) c6 ba nghiém

Phuong trinh f(x)=c €(2;3) c6 ba nghiém

Phwong trinh f(f(x)) =2 c6 chin nghiém.
ax—1
x+b

Cidu2: Chohamso y=

X - @ 1

(C) véi a,beR va c6 bang bién thién nhw sau:

+ @

-‘ 4 -
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a) Ham s6 nghich bién trén (1;+).
b) max y = f(10)

xe[4;10]
¢) a+b=-3.
d) C6 2 gia tri ctia tham s§ m dé duong thang d:y=-x+m cit (C) tai hai diém A, B ma
AB =10
Loi giai
a) bang. Ham s nghich bién trén (—oo;l) va (1; +oo).
b) Sai. Do ham s& nghich bién trén [4;10] nén max y = f(4).

xe[4;10]
¢) Sai. Dwa vao BBT, d6 thi ham s6 da cho c6:
Tiém can ding x=-b=1=>b=-1.
Tiém can ngang y=a=2
Suyraa+b=1
d) Piing. Phurong trinh hoanh db giao diém cua d va (C):

2x-1 X =(m-1)x+m-1=0

x—1

=—Xx+m<
{x;tl
Puong thang d cit (C ) tai 2 diém A, B phan biét khi phwong trinh c6 2 nghiém X, X, phan biét khac
1.

A:(m—1)2—4(m—1)>0 {m2—6m+5>0 [m<l

= =

1—(m—1)+m—1¢0 1#0,Vm
Khi d6 A(x;;—x, +m),B(x,;—x, +m) va x, +x, =m—1;x.x, =m—1
TacéAB=\/E<:>(x2—xl)2+(x2—xl)2=10<:>(x2—x1)2:5
<:>(x1+x2)2—4x1x2=5<:>(m—1)2—4(m—1)—5=0
{m—lz—l {sz
= = .

m—-1=5 m=06

Vay m=0 hay m=6.

m>5

Cau3: Mot may bay xudt phét tir mit dat theo phwong, van toc khong d6i va tao véi phuong nam
ngang mdt goc 30°. Ra da phét hién mdy bay di tir diém 4(800;500;7) dén di€m B(940;550;8)
trong 10 phut.

a) Quang duwong di chuyén ctia may bay tit 4 dén B bang 149 km

b) D6 cao ctia may bay tai vi tri 4 bang 943 km

c) Sau 10 phtt tiép theo may bay sé dat dd cao 16n nhat. Khi d6 d6 cao 16n nhat bang 620 km
d) Toa d6 ctia may bay sau 15 phtit quan sat ctia Ra da bang (1010;575;8,5)
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a) [4B| =149
b) D0 cao tai vi tri 41a h=0A4.5in30° =472
¢) Gia st 10 phaut ti€p theo may bay téi vi tri D.
Tacé AD=24B,AD =2A4B =298, OD = OA+ AD =1241
Do cao taivitri D1a h=0D.sin30° =621
d) Goi C(x;y;z) la vi tri cia may bay sau 15 phut quan sat ciia Ra da. Vi hudng ctia may bay
khong d6i nén 4B va BC cung hudng. Do van tc cia may bay khong ddi va thoi gian bay
tir 4 dén B gdp doi thoi gian bay tir B dén C nén 4B =2BC.

Do dé ﬁz%ﬁz(%oggoo'550;500;8;7j=(70;25;O,5).

9

x—940="70
Mt khac, BC = (x—940; y—550;z—8) nén { y—550 =25
z—-8=0,5.
x=1010
T dd 3 y=575 vavivay C(1010;575;8,5).
z=8,5
Vay toa d0 cia may bay sau 15 phut quan sat la (1010;575;8,5) .
Caud: Mot bac tai x& thong ké lai do dai quang duong bac da 1ai xe mdi ngay trong mot thang 6
bang sau

D6 dai quang duong
S6 ngay 5 10 9 4 2

a) Khoang bién thién ciia mau s6 liéu ghép nhém la 250.
b) S8 trung binh ctia mau s6 liéu ghép nhém 1a 145.
c) Do 1éch chudn ctia mau sd liéu ghép nhém gan bang 55,68 .
d) Khoang tt phan vi ctia mau s& liéu ghép nhém gan bang 79,17.
Loi giai
a) Ptng. Khoang bién thién ctia mau s6 liéu ghép nhom 1a: R = 300 — 50 = 250.
b) Piung. Comaun= 5+ 10 + 9 + 4 + 2 =30.
Goi x,;...; X5, 1a mau s6 liéu gdc vé do dai quang duong bac tai x& da 1ai xe mdi ngay trong mot
thang duoc xép theo thit tu khong giam.
Tacd x;;..5% €, X535 €, X653 Xpy €,
Xys55ees Xog €, X3 X5, €250; 300).

Ta c6 bang sau:

Do dai quang duong
Gia tri dai dién 75 125 175 225 275
S6 ngay 5 10 9 4 2

S8 trung binh ctia mau s6 liéu ghép nhém la:

}_5><75+10x125+9x175+4><225+2><275 _1ss
30 '
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¢) Sai. Phrrong sai ctia mau s6 liéu ghép nhém la:

S? :%[5x752 +10x125* +9%x175%* +4x225* +2x2752]—1552 =3100

D9 léch chudn ctia mau s6 liéu ghép nhéom la: S = JS? =4/3100 ~ 55,68..
d) Dlng. T phan vi thit nhat ctia mau s6 liéu goc 1a x; <.

N5

Do d6, tiz phan vi tht nhat ciia mau s6 liéu ghép nhom 1a: Q, =100+ 410 (150-100)=112,5

Tt phan vi thit ba ctia mau s6 liéu goc la x,, €.
Do d¢, tt phan vi th ba cia mau s6 liéu ghép nhém

3.30

= (5+10)
1a: 0, :100+4f(200‘150):%'

Khoang t phan vi cia mau s6 liéu ghép nhém la: Ay=0,-0 = 53£— 112,5~79,17

PHAN IIL Chu tric nghiém tra 16i ngén. Thi sinh tra 10i tit cAu 1 dén cau 6.
Cau5: Trong khong gian v6i hé toa dd Oxyz, cho ba diém A4(1;-2;2),B(3;1,-1),C(2;2;0). Diém M
c6 toa dd M (a;b;c) thudc mit phang (Oyz) sao cho ‘3% +2MB —W‘ dat gid tri nho nhat.

Gid tri cia bidu thiec P =3a-2b+c bang:
Loi giai
Tra loi: 4
Goi 7 1a diém thoa man: 374 +2/B - IC =0 khi d6
——  304+20B-0C (7‘ 3 j
=17 ;1

3(@—51)%(@—(7)—(%—&):(3@01: =5
‘3m+2ﬁj§—m‘=‘372+27§—7€+4W‘=4M1

Do d6 [3M4 +2MB - MC| nhé nhét khi MI nhé nhat, hay M 1a hinh chi€u céia 7 trén mit

phang (Oyz).Suyra M (0;—%;1] .Vay P= 3.0—2.(—%) +1=4
Cau 6: Trong khong gian Oxyz, cho hai diém 4(1;3;1), B(1;-2;3). Biét diém M (x;0;z) thudc mat
phéng toa d6 (Oxz) sao cho MA+MB ngan nhat. Tinh gid tri ctia biéu thirc P =3z-x.
Loi giai
Tra 10i: 9
Nhan xét: Hai diém 4, B ndm vé hai phia d6i véi mat phéng toa do (0 xz) )
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Cau 7:

z
13

. /”/,

*o

L M

: "\1_

I —

I S

| =4 A 3 y
e e S

| 7’ s

L/’ 1 .

Do vay véi M €(Oxz), d& MA+MB ngan nhat thi 4,B,M thing hang.
Khi d6: 4B, AM cting huéng.
AB=(0;-5,2); AM =(x-2;-3;z-1).

x—2=0 x=2 13
Tedétacd:{,_1 5< 13.VéyP=3z—x2=3.?—22=9.

2 3 773

Hinh vé bén dwdi mo ta doan dwong di vao GARA O TO nha ¢6 Hién. Poan duong dau tién
c6 chiéu rong bang x (m), doan duong thang vao cong GARA c6 chiéu rong 2,6 (m). Biét
kich thudc xe 6 to 1a Smx1,9m. D€ tinh toan va thiét k&€ duong di cho 6 t6 nguoi ta coi 6 to
nhu mét khéi hop cht nhat o kich thude chiéu dai 5 (m), chiéu rong 1,9 (m) . Hoi chiéu rong
nho nhat ctia doan duong dau tién bang bao nhiéu dé 6 t6 c6 thé di vao GARA dwoc?

GARAOTO
N 2,6(m) >

-

|

|1

1{{" 2\l

4 A7\
=== A\ V7

X (m) f { \ I‘\ A \
A 4 N\
Loi giai
Trd 16i: 3,7
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B 19 x
Chon hé truc Oxy nhu hinh vé. Khi d6 M (-2,6; x).

Goi B(-a;0)suy ra A(O;\/25—a2).Phuong trinh AB: > +—2 __ _1-0.
-a

Do CD // ABnén phuong trinh CD:——+—2_ _T=0.

—a 25-a’
Ma khoang cach gitta 4Bva CDbang 1,9 m nén
7 -1] 9,5

=1,9=>T=1+—.
(1)2 [ 1 ]2 a\/25—a2
R + J
a N25-4°

Diéu kién d€ 6 t6 di qua duoc la M,0nam khéc phia ddi véi bo 1a duong thang CD.
— _ 2
26, X 95 eisdas a5 2,6x+/25—a
—a \/25—a2 01\/25—a2 a a
Dé€ cho nhanh, ching ta dung chirc ndng TABLE trong may tinh:
L5 2,6x+/25- X?
X

X

Suy ra:

5
f(X)=+25-x° v6i STEP = —; START = 0; END =5.

/ _ 2
Théy gia tri lon nhdt caa f(X)=+25-X" +%—wxé’p xi 3,698.
Vay chiéu rong nho nhat cta doan duwong dau tién gan nhat voi gia tri x=3,7 (m)
Cau8: Mot cong ty san xudt bon chira niede hinh tru loai 2000/ kin hai ddy bang inox. Biét rang don
gia ctia vat liéu lam hai mit day bang don gia ctia vat liéu dé lam méat xung quanh ctia bon.
Dé€ chi phi nho nhat thi ban kinh day ctia bon 1a bao nhiéu mét?
Loi giai
Traloi: 0,68
Da&i 2000/ =2m’
Goi r(m) 1a ban kinh ddy cua hinh try, #(m) la chiéu cao cta hinh tru.

Dién tich toan phan cua hinh tru la: S =277 +277h .
A 7 » \ \ 3 A 7 2 2
Do thé tich cia hinh tru la 2m” nénta cé: V=7zr"h=2,hay h=—.
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14 - A /4 \ A 72 \ \ 4
Do d¢, dién tich toan phan cta hinh tru la: §= 27rt +—,r>0.
r

Ta can tim 7 sao cho S dat gia tri nho nhat. Ta co:

3_
S'=4ﬂr—i=4ﬁr 4;S'=O<:>7rr3=1<:>r=§/1.
T

2 2
r r

Bang bién thién:

S’(r) - 0 -

+00 +0
SC) \s| l] /
N7,

Vay can san xuat cac hop dung hinh tru c6 ban kinh day r = i/I ~0,68(m).
z

2
’ + 2 + 3 7 AN . \ \ < 7. \ ~
Cau9: Cho ham sd y =% c6 db thi (C) va dudng thing d:y=-mx+1 v6i m la tham sd.
X+
Tinh tong tt ca cac gia tri nguyén cua tham s8 m €[-5;5] d€ duong thang d ct do thi (C)

tai hai diém thudc hai nhanh ctia (C ) ?

Loi giai
Traloi: —14
Hoanh d6 giao diém caa db thi (C) va duong thang d 1a nghiém ctia phwong trinh:
2
$"2+3=-mx+1 o424 3= (cmr+1)(x+2)
X+

< (m+1)x* +(2m+1)x+1=0
Dé duong thang d cat do thi (C) tai hai diém thudc hai nhanh ctia (C) thi phuong trinh
(*) ¢6 hai nghiém phén biét x,x, va x; <-2<x,.
Khi phuwong trinh c6 hai nghiém phan biét, theo dinh li Viet ta co:
2m+1

X +Xx, =—
1T X
m+1

1
XXy =——
2 mt
Do vay, phuong trinh (*) c6 hai nghiém phan biét x,,x, théa man x; <-2<x, thi
m+1#0 m# -1
A>0 o 12m+1 —4(m+1)=4m* -3>0

(X1+2)(X2+2)<0 x1x2+2(x1+x2)+4<0
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Cau 10:

m#-—1 m#-—1
ol BB L) BB
2 2 2 2
3
L+2 _2mtl +4<0 —<0
m+1 m+1 m+1
m=—1

B3

= m<——\/m>—3<:>m<—1
2 2

m<-—1

Két hop v6i diéu kién m €[-5;5], ta suy ra: m e {-5,-4;-3;-2}

Vay theo yéu cau dé bai, ta duoc: =5+ (—4)+(-3)+(-2)=-14.

Ngudi ta can lap mot camera phia trén san bong dé phat séng truyén hinh mot tran béng da,
camera c6 thé di dong dé ludn thu duoc hinh anh rd nét vé dién bién trén san. Cac ki su du
dinh tréng bon chiéc cot cao 30 m va stt dung hé thng cdp gan vao bon dau cot dé giit camera
0 vi tri mong mudn. M6 hinh thiét ké dwgc xay dung nhu sau: Trong hé truc toa d Oxyz, cac
dinh caa bdén chic cdt lan lwot la cac diém M (90;0;30), N(90;120;30),
P(0;120;30), 0(0;0;30). Gia sit K, la vi tri ban dau ctia camera c6 cao do bang 25 va
KM =K/N=KP=K,Q. D€ theo doi qua bong dén vi tri 4, camera duoc ha thap theo

phuong thang ding xudng diém K, ¢ cao do bang 19.

OO 120 30

MIG0 - 02 3

Hinh 34
Biét réng vecto K, K, co6 toa dodla (a;b;c);a,b,ceR. Khi do a+b+c b.’?mg bao nhiéu

Loi giai
Tra loi: -6
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Q P

Goi M,, N,, P, K Ian luot la hinh chiéu cia M, N, P, K, 1én mit phang (Oxy).
Ta thdy MNPQ.M,N,PO 1a hinh hop chit nhat. Goi K' la giao hai duwong chéo MP va NQ .

Khidé K'Q=K'P=K'N=K'M. Vi KM =K,N =K,P = K,Q va camera dugc ha thap theo
phuong thang ding tir diém K, xudng diém K, nén cac diém K', K,, K,, K thang hang.

Khi d6, cac diém K, K, K,, K c6 hoanh d¢ va tung d¢ béng nhau.

Theo bai ra, cao do ctia K, va K, Ian lwot la 25 va 19. Gia st K (x;;25) va K, (x;»;19).

Ta c6 MNPQ.M,N,PO 1a hinh hop chit nhat nén K'K = 0Q, suy ra cao d6 ctia K' bang 30.

Do do, K'(x;y;30).

Tac6 K'O=00-0K =301;—(xf+y}'+301;) =—xf—y}':>@=(—x;—y;0).

NK'=OK'"~ON =(xi-+yj+30k)~(90i+120 + 30k ) = (x—90)i + (y~120) ]

= NK' = (x—90;y-120;0).

Vi K' la giao hai duong chéo ctia hinh cht nhat MNPQ nén K' la trung di€m ctia NQ.
-x=x-90

. —45
Suyra KO=NK' < {-y=y-120]" .
020 y =60

Do vay, K,(45; 60; 25); K, (45; 60; 19) nén ta c6
K,K, = OK| —OK, =(45i+ 60 +19k | —(45i + 60 + 25k = —6k = K K, =(0;0;~6).

Do d6, a+b+c=-6.
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Quy phu huynh va cac em hgc sinh dky khoa hoc

1. Zalo thay Thuin Toan: 0869998668
zalo.me/84869998668

2.Facebook thay:
https://www.facebook.com/Thaygiaothuan.99/

3.Fanpage thay:
https://www.facebook.com/thaythuantoan

4. Tiktok thay:
https://www.tiktok.com/ @thay hothucthuan

5.Kénh Youtube thay:
https://www.yvoutube.com/ @HoThucThuanOfficial
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