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- TAI LIEU THUQC KHOA HQC
HT “LIVE VIP 9+ TOAN ”

e DPANG KY HQC EM INBOX THAY TU
HO THUC THUAN VAN NHE!

DE KIEM TRA CUOI HKI TOAN 12
( Chuan cdu truc SGK form maoi- Dé so 4)

‘ , . LOI GIAI CHI TIET PE SO 04 , i
PHAN I. CAu trac nghiém nhiéu phwong 4an lya chon. Thi sinh tra 16i tir cu 1 dén cAu 12. Moi cau thi sinh
chi chon mot phuong an.

Caul: Chohamsé y=f (x) ¢ d6 thi nhu hinh 1. Diém cuc tiéu cua ham sé di cho 1a:

A | /

A. —1. B. 1. D. 4.

Chon B
Tur do thi suy ra diém cuc tiéu cua ham s6 da cho la x =1.

Ciu2: Cho ham sé y= f(x) lién tuc va c6 bang bién thién trén doan [—1;3] nhu hinh vé& bén. Khang dinh
nao sau day ding?

% -1 0 2 3

Chon A
Tir bang bién thién ta co: I[I_lla3>](f(x) =f(0)=5

Cidu3: Chohamsd y=f (x) ¢6 db thi nhu hinh 2. Pudng thing nao sau day 1a duong tiém can ngang cua do
thi ham sé da cho?
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Hinh 2
A. x=1. B. x=-1. C.y=1. D. y=-1.
Loi giai
Chon D
Twr d6 thi suy ra do thi ham so da cho c6 duong tiém can ngangla y =—1.

Ciu4: Hinh vé sau day la do thi cia ham so nao ?

e @
3 3 3 15 7
A. y=x"-3x+2. B. y=—x"+3x-2 C.y=x"-3x-2 D. yzgx —gx—2
Loi giai
Chgn C
Cach 1:

db thi di 1én nén a > 0 suy ra loai dap an B

db thi cat tryc tung tai (0;-2) suy ra loai dap an A

dd thi ¢6 2 diém cuc tri (0;—1) va (1;,—4) suy ra loai dap 4n D

Vay dép an C

Cach 2 :

Tir db thi ham s6, ta thiy déy 1a db thi ham sb da thirc bac 3 : y = ax’ +bx* + cx+d

+Trén (1;+400), d6 thi c6 hudng di lén tir trai sang phai = lim y = +c0, do d6 a >0

X—>+00
+ D0 thi cit truc Oy tai M(O; —2) ,dodd d=-2
+ D0 thi ham sb ¢6 hai diém cuec tri 1a A(—l; 0); B (l; 4) , do d6 phuong trinh
y' =0 3ax® 4+ 2bx 4 ¢ = 0 phai c6 hai nghiém 1a x=1;x=—1 va y(l) :—4;y(—1) =0.

3a+2b+c=0 b=0 a=1
o . 3a—2b+c=0 3a+c=0 b=0
Ta c6 hé phuong trinh & &
a+b+c+d=—-4 d=-2 c=-3
—a+b—c+d=0 at+c=-2 =-2
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Cau5: Trong khong gian Oxyz, toa d§ cua vecto u=2k- 3;‘ +4i la:
A. (2-3:4). B. (2;3;4). C. (432). D. (4,-3;2).
Loi giai
Chon D
u=2k-3j+4i =u=(4-32).

Cau 6:  Trong khong gian Oxyz, cho hai vecto u, = (X315, ), ty = (%5572 2, ) . Vecto u; +u, c6 toa dd la:

A. (xl_xz;y1_J’2;Zl_Zz)- B. (x1+x23J’1+y2;21+22)-

C. (xz_x1;y2_y1;zz_z1)- D. (xl_xz;y1+y2;z1_zz)-
Loi giai

Chon B

Ta c u, +u, = (X, + X0, + 52, +2,).

Ciu 7:  Xét méu s lidu ghép nhom cho boi Bdng 1.

Nhom Tan so
[al >y ) n
[a,5a,) n,
. n
[am s am+1 ) m
n
Bdng 1
Khoang bién thién ctia mau so li¢u ghép nhém d6 bang
A.a, —aqa. B.a, —a,. C.n,—n,. D. n-n,.
Loi giai

Chon A
Khoang bien thién ciia mau so liéu ghép nhom 1a a, ., —aq,.

Ciu 8:  Xét miu s6 liéu ghép nhom cho & Bang 1. Goi X 1a sd trung binh cong ctia mau sb liéu ghép nhom.
Do 1éch chuan ctia mau s6 li¢u ghép nhém do dugc tinh bang cong thiic nao trong cac cong thic sau?

, Gia tri e
Nhom dai dién Tan sd
[a13a2) X n,
[az;a3) X n,
[a,:a,.) X n,
n
Bang 1
N n, (x1 —f)z +n, (x2 —37)2 +..+n, (xm —Y)Z
.80 = " .
B \/nl(xl—f)2+n2(x2—f)2+...+nm(xm—f)2
. 85= .
m
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—\2 —\2 —\2
D. s < n, (x1 —x) +n, (x2 —x) +...+n, (xm —x) .
m
Loi giai
Chgn C
Do léch chuan ctia méu s liéu ghép nhom 1a

—\2 —\2 —\2
Jnl(xl_x) ey (5, =) b, (3, )
S =

n

Cau9: Néuhamsd y=f(x) liéntuc trén R théaman f(x)=m,VxeR vatontai ae R saocho f(a)=m
thi
A.Hams6 y = f(x) dat gid tri 1on nhét bang m .
B.Ham s y = f(x) dat gié tri cuc tiéu bang m .
C.Ham s0 y = f(x) dat gid tri nho nhat bang m .
D. Ham s6 y = f(x) dat gia tri cuc dai bang m .
Loi gidi
Chon C
Cau 10: Mot chat diém chuyén dong theo quy lut s(¢)=—¢+6¢” véi ¢ 1a thoi gian tinh tir lic bat dau chuyén
dong, s (t) 1a quang duong di duoc trong khoang thoi gian ¢. Tinh van toc chat diém dat duoc tai thoi

diém r=2.
A. 21 B. il C.9 D. 12.
4 4
Loi giai
Chon D

Taco v(t)=s'(t)=-3¢>+12¢ suyra v(2)=12.
Cau 11: Cho hamsé f(x) lién tyc trén doan [-2;3] c6 do thi nhur hinh v& dudi day.

Goi m, M lan luot 14 gia tri nho nhat va gia tri 16n nhat cia ham sd trén doan [ —2;3]. Gia tri ctia

2m-3M b?mg:

A. —13. B. —18. C. —16. D. —-15.
Loi giai

Chon B

m=minf(x)=f(—2)=—3

[-2:3]

M =max f(x)=f(-1)=4
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CAu 12: Cho hai vecto a va b théa man diéu kién ‘Zz‘ = ‘E‘ =1va ab=3. Do dai vecto 3a+5b béng:
A. 54/5. B. \/124. C.8. D. 124.
Loi giai
Chon B
(3a+55) =9a +30ab+255" =9+90+25=124
= [3a+5b| =124

PHAN II. Cau tric nghiém dung sai. Thi sinh tra 10i tir cau 13 dén cau 16. Trong mdi y a), b), ¢), d) & mdi
cau, thi sinh chon dung hoac sai.
Cau1l: Chohamsd y=x*—2x?—2. X¢ét tinh Puang, Sai cta cac ménh dé sau:
a) Ham s6 nghich bién trén (—o0;—1) va (1;+0).
b) Ham sb dat gi,é tri cuc dai ’tai x=0. i
¢) Gia tri 16n nhat ciia ham so trén khoang (—1;+o) bang —2.

d) Phuong trinh —x* +2x> +m =0 c6 bon nghiém phan biét khi m e (-1;0).

Loi giai
TXDb: D=R.
' 3 ' X = 0
Taco ¥y =4x —4x,)y =0
x==%
Ta co BBT
T —oo 1 ] 1 + oo
y = 1] + 0 - 0 +
+ oo -2 + oo
-3 -3
Do do:
a) Sai
b) Pung
¢) Sai
d) Dung

T x'+2x +m=0=x"-2x"-2=m-2

S6 nghiém cua phuong trinh 1a sd giao diém cta d6 thi ham s6 y = x* —2x* —2 va duong thang
y=m-—2.

Tu BBT suy ra m e (-1;0).

Ciu2: Chohamsdbacba y= f(x) =ax’ +bx’ +cx+d c6 dd thi 1a dudng cong hinh bén dudi.
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YA
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Xét tinh Ding, Sai ciia caic ménh dé sau:
e) Ham s6 dong bién trén (—oo;—1)va (I;+0).

D) yep +yer =4.
g) Gi4 tri biéu thic a+b—c+d =6.

( )(x —1)
I (x)=2f(x)

A. Diing. Vi nhin d6 thi suy ra.

B.Sai. Vi y., +y., =4+0=4

C. Piing. Vi d6 thi ham sb di qua 4 diém A4(0;2); B(1;0); C(-1;4); D(-2;0)

Thay toa do 4 diém vao ham s6, Giai hé phwong trinh ta dugc a=1;b=0;c=-3;d =2
D. Sai. Vi:

Ta xét phuong trinh: /2 (x)-2/f(x)=0< {

h) D4 thi ham s6 g(x) = ¢6 tat ca bao nhiéu dudng tiém can dimg.

Loi giai

0
f(x)=2 (2)

Dua vao dd thi ham sb, ta thiiy:

et ol
1
i
1<\\\\53
i
i
! 2
i
i
1
1
i
-3 o 1 O 1 ] 3
-1
=

+) Phuong trinh ( ) cod nghiém x, =-2 va x, =1

= f(x)= (e 2) (1)

+) Phuong trinh ( ) c6 nghi¢m x3—ae( -2; —1), x,=0va x;=4>1
:>f(x)—2=(x—a) ( —ﬂ).

(x—l)(xz—l) (x 1) (x+1) _ x+1
0-2] (e 2)(x-1) (x-a)x(x=p) (+2)(r-a)x(x-F)

= d6 thi ham s6 y = g(x)c6 4 dudng t1¢m can dung.

iy
r
Yu

Do do6 g(x) =
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Cau 2. Mot chiée truc thang H cat canh tir mot san bay. Xét hé truc toa d§ Oxyz co géc to do O 1a chan thap
diéu khién san bay; truc Ox 1a hudng dong, truc Oy la hudng bic va truc Oz 1a truc thfmg dtng, don vi

trén mdi truc 13 kilomét. Truc thang cit canh tir diém G trén mat dat (mat phéng Oxy). Vecto u chi Vi
s s 3R , s AL s P A1y 1 ~
tri cta truc thang tai thoi diém ¢ phut sau khi cat canh (t > 0) cotoaddla u= [1 —i—t;E—i— 2t; 21]. Mot

hon déo ¢ vi tri D(150;115;0) (hinh v& minh hoa). Goi M 1a vi tri ctia may bay H tai thoi diém ¢

phut sau khi cét canh.
Céac ménh d¢ sau dung hay sai?

. . . 1
a) Toa d6 diem M tai thoi diém ¢ phut sau khi may bay H cat canh la M[l +t;5+ 2t; 2t].

b) Toa d6 diém G 1a (1;%;0).

¢) Toa do cua vécto MD 1a [149 - t;% —2t;,-21|.

d) May bay H bay dén vi tri M (xo; yo;zo) thi khoang cach tir may bay dén D 1a nho nhét. Khi d6
20(x, + y, +z,) = 4320.

N )=
/ > i
i ’/,
e ) /
SR i ! - ' %
" D
\,_“
Loi Giai

a) Gén vao hé truc toa do Oxyz , ta co: u=0M = (1 +t;%+ 2Z;2tj'

. . 1
Khi d6 vi tri may bay H ¢ thoi diem ¢ phit sau khi may bay cat canh la M [1 + t;E + 2t;2t].
Suy ra ménh d¢ diing.

b) Khi may bay bat dau khai hanh, voi t=0= M = G(l;%;oj . Suy ra ménh dé dung.

c) Taco MD = [149 —t;?— 2t;—2t]. Suy ra ménh dé sai.

d) Ta c6 MG = tu, u = (1;,2;2).

Khoang cach tir may bay H dén D nho nhat

S MG LMD uMD=0<149—1+229— 4t —4t =0t =42

169 X
Suy ra M[43;7;84].Véy T =20(x, + y, + z,) = 4230. Suy ra ménh d¢ sai.

Cau3: Bang théng ké sau day cho biét tong lugng khach hang dén cira hang WINMART vao thang 8 tir nim
2000 dén 2024 dat 6 Vinh Phuc.
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143
584
638
303
188

273 543 343 423
296 477 403 202
339 413 530 252
243 524 614 414
389 557 434 289

Xét tinh dung sai cta cac khang dinh sau:
a) Néu nhém dau tién 1a [140;240) véi do dai mi nhom la 100 thi mAu s6 liéu trén dugce chia thanh
4 nhom. )
b) Khoang bién thién ctia mau so li€u ghép nhom trén 1a 450 mm .

x .. 4450
¢) Theo mau s6 li€u ghép nhom trén thi A, = 1
d) Do léch chuan ciia mau s6 lidéu ghép nhém trén khoang 130.

Loi giai

Tir bang thong ké ban dau, ti 1ap duwgc bang tan so ghép nhém nhu sau:

Luong khach | [140;240) | [240;340) [340;440) [440;540) [540;640)
hang
S6 thang 3 7 7 3 5
Pai dién 190 290 390 490 590

a) Sai. Néu nhém déu tién 1a [140;240) véi d6 dai m&i nhém 1a 100 thi mau s6 liéu trén duge chia
thanh 5 nhom.

b) Sai. Khoang bién thién ciia mau s6 liéu ghép nhom trén: R = 640—140 = 500 mm

¢) Piing. S6 nam duoc khao sat [a n = 3+7+7+3+5 = 25,

Gol x;5X,5...5% 1a téng thu nhép trong ndm 2024 cua cira hang WINMART duoc xép theo thi tu
khong giam.

Ta co:

X5%,5%; € [140;240)

X33 Xy € [240;340)

X135 X, €[340;440)

X155 X105 %5 € [440;540)

Xy 1503 X5 € [540; 640)

Do d6, d6i voi day sb liéu x,;x,;...; %5, thi

. , e . X + X
T phan vi thtt nhat O, 1a —*—

€ [240;340). Do d6, tir phan thir nhat cia mau s6 liéu ghép nhom la:

25

=3
0, =240+ 47 (340—240)=@

+ ~ .
T@ phan vi thtrba Q, 1a % € [440; 540) . Do d0, tir phan thir ba cua mau so li¢u ghép nhom Ia

355‘(3””) 1495
0, =440+ (540—440) =122
3 3
Thiy Hé Thite Thugn - Bikt Phé Dé Thanh Cong! [HT
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, 4450
Ta co: AQ =Q3 _Ql :T
d) Ping S6 trung binh clia mau s6 liéu 1a:
— 3.190+7.290+7.390+3.490+5.590
xX= =390
. B
Phuong sai ciia mau s6 li¢u la:

s = 2—15[3.1902 +7.290° +7.390° +3.490° +5.590” |- (390) ~ 16800

Do léch chudn ciia mau s6 lidu 1a: S =% ~ /16800 ~129,6

PHAN III. Céu tric nghiém tra 16i ngin. Thi sinh tra 15i tir cau 17 dén céu 22.

Caul:

Trong khong gian Oxyz, cho hinh hop ABCD.A'BC'D’

co

A(0;0;0),

B(S;O;O),D(0;3;O),D'(0;3; —3). Goi G latrong tdm tam giac A'B'C va toa do vecto TG = (a,'b;c)

.Tinh S=a+b+c.
Loi gidi
Tra loi: 1

Tacod E:(& 0; 0). Goi C(x;y; z):>D_C::(x; y=3 z)

x=3
ABCD 12 hinh binh hanh < AB=DC & 1y =3. Suy ra C(3;3;0).
z=0

Ta lai co E =(O; 3; 0). Goi A’(x’; v z’):> ﬁ :(—x’; 3-y5 —3—2')

x'=0
ADD'A’ 14 hinh binh hanh < AD=A'D' & 1'=0 . Suyra A'(0;0;-3).
z'=-3
Goi B’(xo; Yo zo):ﬁ:(xo; Yos zo+3)
x,=3
ABB'A’ 1a hinh binh hanh < AB=A'B'< <y, =0 .Suyra B'(3;O;—3).
z,=-3
%, = 0+3+3 _9
3
G(xc;yG;ZG) la trong tdm tam gidc A'B'C < Yo = O+;)+3 =1
-3-3+0
= =2
¢ 3

Suy ra G(2; 1;—2) .

Thay Ho Thirc Thudn - https://www.facebook.com/Thaygiaothuan.99/
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Vay AG=(21;-2)=>S=a+b+c=2+1-2=1.

Cau2: Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai B véi AB=2, BC=\/§, canh bén
SA=+5 va vuéng goc voi mit phing (ABC). Mit phing (P) di qua trung diém M cia AB va
vudng goc voi SB cit AC,SC,SB lan luot tai N, P,Q . Dién tich cua tir gisc MNPQ bang bao nhiéu?

(1am tron két qua dén chir s6 thap phan thir hai)
Loi giai

Tra loi: 1,06

BC 1(S4B) = BC L SB
Do Mit phang (P) di qua trung diém M ciia AB va vudng goc voi SB cat AC,SC,SB lan luot tai
N,P,Q nén MN//PQ//BC, do d6 tir giac MNPQ 1a hinh thang vuéng tai M,Q.

1
Syunro :E(MN+PQ).MQ
+ AMBC c6 MNIBCMN =1 Bc=Y3 .
2 2
+ AMOB <> ASAB MO _54 MQ:SAMB:ﬁ;
MB ~ SB SB 3
OB =\ MB* - MQ* =§ :SQ:%.
Co: MN/IPO/IBC nén L2 =59 _, po - SCBC _ 5
BC SB SB 9
Vay S —1(MN+PQ) MQ—E
¥ e T3 T 08

Cau 3: Mot ho lam nghé dét vai lya to tam san suat moi ngay dugc x mét vai lua (1 <x< 18). Téng chi phi
san xuat x mét vai lua, tinh bang nghin dong, cho béi ham chi phi:
C(x) =x> =3x> =20x+500.
Gia sir ho 1am nghé dét nay ban hét san pham mdi ngay véi gia 220 nghin dong/mét. Goi L(x) 1a loi
nhuén thu duoc khi ban x mét vai lua. Hoi loi nhuén t6i da cua ho 1am nghé dét vai lua to tam trong
mot ngay?
Loi giai

Tra loi: 1200

Thiy Hé Thite Thugn - Bikt Phd Dé Thanh Céng! [HT
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S6 tién thu vé khi ban x mét vai lua 1a: 220x . Loi nhudn thu duoc khi ban x mét vai lua la:
L(x)=220x—(x* = 3x* = 20x +500) = —x’ + 3x” + 240x — 500

Xét ham sd L(x) =—x’ +3x? +240x - 500 voi x € [1;18]

, s x=10€[L;18]
L (x)=—3x +6x+240=0<
x=-8¢[l;18]
Bang bién thién:
® 1 10 18
y’ + 0 —
1200
Yy
—258 —1040

Vay ho lam nghé dét nay thu duoc lgi nhuan tdi da trong mot ngay 1a 1200 nghin dong khi san xuat
10 mét vai lua trong mot ngay.

Ciu4: C6 bao nhiéu gia tri nguyén ciia m dé ham sb y =(m2 —l)x3 +(m—1)x*—x+4 nghich bién trén
khoang (—oo;+0).

Loi giai

Tra loi: 2 7 ) )
THI1: m=1.Tacé: y =—x+4 la phuong trinh ciia mot duong thang cé hé¢ so6 goc am nén ham so
luén nghich bién trén R . Do d6 nhan m =1.
TH2: m=-1.Tacd: y=-2x>—x+4 la phuong trinh ciia mot dudng Parabol nén ham s khong thé
nghich bién trén R . Do d6 loai m = —1.
TH3: m # £1. Khi d6 ham s6 nghich bién trén khoang (—o03+0) < )'<0 VxeR, dau “=" chi xay
ra & hitu han diém trén R.
& 3(m* ~1)x’ +2(m-1)x-1<0, vxeR

a<0 m*~1<0 m’ —1<0 “l<m<d
<~ = <~
A'<0 T |(m=1) +3(m*=1)<0 " |(m=1)(4m+2)<0 -~ <m<l

1
Suyra me| ——;l
g {2 }

Viy c¢6 2 gia tri nguyén cua m.

Cau5:  Ong Thanh dy dinh sir dung hét 7m” kinh dé 1am bé c bang kinh c6 dang hinh hop chir nhat khong
nap, chiéu dai gap d6i chiéu rong. Bé ca c6 thé tich 10n nhit biang bao nhiéu? (1am tron két qua dén chix

sO thap phan thir hai)
Loi giai
Tra loi: 1,68
Goi chiéu rong cua bécala x x>0.
2
Ong Thanh ding hét 7m? kinh dé 1am bé canén 2x* +6xh=7= h = ! 62"
X

Do x>0 va A>0 nén 0<x<\/g.
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A A , 1 3
Thétichbéca V = 5(7x—2x )

V'=1(7—6x2), V’=0:>x=\/z.
3 6

Béng bién thién cta ¥ :

v + 0 -
! Y742
27 .

T BBT suy ra bé ca c6 thé tich 16n nhat bang
Cau 6: Hinh 37 minh hoa so d6 mét ngoOi nha trong h¢ truc toa do Oxyz , trong do6 nén nha, bon buc tuong va

hai mai nha déu 13 hinh chit nhat. Tinh gbc ddc ciia mai nha, tirc 1a tim sé do ctia gbc nhi dién c6 canh
1a dudng thing FG , hai mat lan luot 1a (FGOP) va (FGHE).
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Tra 10'1 26,6 ’ ) 7
beé tinh goc doc cua mai nha, ta di tinh s6 do ctia goc nhi dién ¢6 canh l1a duong thang FG , hai mat
lan luot 13 (F GQP) va (F GHE ) . Do mit phang (Ozx) vudng goc v6i hai mat phang (F GQP) va

(F GHE ) nén goc PFE la goc phang nhi dién ing véi goc nhi dién do.

Taco: FP=(-2;0;1),FE =(~4;0;0).

— — . FP-FE (=2)-(-4)+0-0+1-0 245
S PFE =cos(FP,FE) = ——— = = :
uy ra CoS COS( ) ‘FPHFE‘ \/(_2)2+02+12 \/(_4)2 +02 +02 5

Do d6, PFE ~26,6°. Vay goc déc ciia mai nha khoang 26,6 .
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Quy phu huynh va cac em hoc sinh dky khoa hoc

1. Zalo thay Thuin To4an: 0869998668
zalo.me/84869998668

2.Facebook thay:
https://www.facebook.com/Thaygiaothuan.99/

3.Fanpage thay:
https://www.facebook.com/thaythuantoan

4. Tiktok thay:
https://www.tiktok.com/@thay hothucthuan

5.Kénh Youtube thay:
https://www.youtube.com/@HoThucThuanOfficial
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